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Abstract

Parental investments in children can take one of three broad forms: (1) Time investments during child-
hood and adolescence that aid child development (2) Educational investments (3) Cash transfers in the
form of inter-vivos gifts and bequests. Using panel data that covers a cohort of individuals from birth to
retirement, we estimate a dynastic model of household decision-making with intergenerational altruism
that nests a multi-period child production function, incorporates all three of these types of investments,
and allows us to quantify the relative importance of those investments in explaining intergenerational
persistence in outcomes. Preliminary estimates show that the model matches the intergenerational
persistence in earnings observed in our data. The key factors driving this intergenerational persistence
in income are: (i) we find strong complementarity between ability and education in the wage equa-
tion, meaning that the returns to education are only high for high ability individuals, (ii) because of
borrowing constraints, high income households are more likely to send their kids to college, (iii) be-
cause of points (i) and (ii) high income households have higher incentive to invest in childrens’ ability,
generating the observed positive correlation between parents’ education and time spent with children.
Time investments contribute most of the three channels we consider to intergenerational propagation

of inequality.
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1 Introduction

Intergenerational links are a key determinant of levels of inequality. Previous work looking at a range of
developed economies finds very significant intergenerational correlations in education, incomes and wealth
(e.g. 7,7, 7, 7). The literature on understanding the mechanisms behind this persistence is much newer.
This paper estimates a dynastic model of the decision-making of altruistic households to investigate
the quantitative importance of three distinct mechanisms in generating intergenerational persistence in
outcomes. Those mechanisms, each known to be important in linking outcomes across generations, are i)
parental time investments during childhood and adolescence that aid child development (7, ?) ii) parental
aid for education (?, ?) and iii) cash gifts in the form of inter-vivos transfers and bequests (7, ?).

We use data from the National Child Development Survey, which is an ongoing panel containing the
entire population of Britain born in a particular week in 1958. These data allow us to measure parental
inputs and child ability throughout childhood and contains information on educational outcomes and
earnings over the lifecycle. We use these data to estimate a child ability production function, applying
the methods developed by 7 and ? and leveraging the fact that we have multiple measures of parental
inputs and child outcomes. We embed our estimated ability production function into a dynastic model
in which ability and education generate productivity in the labor market and in which altruistic parents
can give combinations of time, educational investments, and cash transfers to their children, while also
making their own consumption and labor supply decisions.

Our model contains five distinct mechanisms which can generate persistence in outcomes across gen-
erations. The first three mechanisms generate a positive correlation between the earnings of an individual
and the earnings of their parents. The first is the borrowing constraint, which limits families from access-
ing credit to provide higher education to their children. The second is that we allow parental productivity
in investing in children to vary with productivity in the labor market. The estimated relationship is
positive, which implies that the time investments more educated parents make in their children are more
productive than those made by parents with less education. Third, while we find only modest complemen-
tarity between early childhood (0 to 7 years) and mid to late childhood (7 to 11 and 11 to 16 years) time
investments, the complementarity between ability and education is much larger. [FACT]. This channel
amplifies the effect of the first two channels.

The fourth channel — positive assortative matching — generates persistence in household earnings over
and above that observed between parents and their children. The final mechanism — cash transfers from
parents to children — allows for a persistence in income and consumption over and above that seen for
earnings. To the best of our knowledge, this is the first paper to include all of the above channels.

The estimated model implies an intergenerational elasticity of earnings of 0.34, close to estimates for



our cohort of interest in ?. The model also replicates the fact (documented by ? and observed in our
data) that parents with more education spend more time with their children.

We have three principle findings. First, as noted above, we find modest dynamic complementarity
between early time investments in children and later time investments. However, we find substantial
complementarities between terminal childhood ability (measured at age 16) and education in wages.
Among men those with college education, an increase in the standard deviation in this measure of ability
leads to an additional 19% in wages. Among those with the lowest level of education — this premium, at 9%,
is much smaller. As a result, high ability individuals are more likely to select into education than their low
ability counterparts. This dynamic complementarity, in combination with self selection into education,
is a key mechanism that perpetuates income inequality across generations. High income households,
who have more resources to send their child to college, have higher returns to investing in their child’s
ability than their low income counterparts; thus they invest more in their children. Second, while we find
that each of the three types of transfer contributes to persistence in outcomes, the quantitatively most
important is parental time with children. [FACT]. Finally, using our model to evaluate the responsiveness
of parental behavior to the policy environment we find that...

This paper relates to a number of different strands of the existing literature, including work measuring
the drivers of inequality and intergenerational correlations in economic outcomes, the large literature
seeking to understand child production functions and work on parental altruism and bequest motives.
The most closely related papers, however, are those focused on the costs of and returns to parental
investments in children. The three papers closest to ours are 7, 7 and 7. Each of those papers, like ours,
contains a dynastic model in which parents can give time, education and money to their children. All
three papers find that early life investments are key for understanding the intergenerational correlation
of income. We build on the contributions of these papers in three ways. The first is that those papers
lack data that links investments at young ages to earnings at older ages. As a result, they have to
calibrate key parts of the model, while we are able to estimate the human capital production technology
using recently-developed methods, and show how early life investments and the resulting human capital
impacts later life earnings. The second is that we model explicitly the behavior of both men and women.
This allows us to show the quantitatively important role that assortative matching plays in amplifying
the role of parental transfers in generating persistence in outcomes at the household level. Finally, the
focus of our paper is different. ? focus on identifying the role of market imperfections in rationalizing
observed levels of parental investments. The aim of 7 is to simultaneously rationalize intergenerational
persistence in outcomes and cross-sectional inequality in outcomes. 7 focuses on the macroeconomic

effects of large-scale policy interventions. Our primary focus, facilitated by our data on of each of the



three parental inputs for our cohort of interest, is to quantitatively evaluate the role played by each.

Other closely related papers include ? and 7, both of which develop models in which parents choose
how much time to allocate to the labor market, leisure and investment in children. Neither paper, however,
incorporates household savings decisions, and hence the trade-off between time investments in children
now and cash investments later in life. 7 focuses on the interaction between parental investments, state
subsidies and education decisions, but abstract from the role of parents in influencing ability prior to
the age of 16. 7 and 7 build overlapping-generations models of wealth inequality that includes both
intergenerational correlation in human capital and bequests, but neither attempts to model the processes
underpinning the correlation in earnings across generations.

The rest of this paper proceeds as follows. Section 2 describes the data, and documents descriptive
statistics on ability, education and parental investments. Section 3 lays out the dynastic model used in
the paper. Section 4 outlines our estimation approach while, Section 5 then provides some reduced-form
evidence on the impact of parental investments, before Section 7 provides some results on the relative
importance of different channels in explaining intergenerational correlations in education, earnings and

welfare. Section 8 concludes, and draws out some implications for policy.

2 Data and Descriptive Statistics

The key data source for this paper is the National Child Development Study (NCDS). The NCDS follows
the lives of all people born in Britain in one particular week of March 1958. The initial survey at birth
has been followed by subsequent follow-up surveys at the ages of 7, 11, 16, 23, 33, 42, 46, 50 and 55.1
During childhood, the data includes information on a number of ability measures, measures of parental
time investments (discussed in more detail below) and parental income. Later waves of the study record
educational outcomes, demographic characteristics, earnings and hours of work. For the descriptive
analysis in this section, we focus on those individuals for whom we observe both their father’s educational
attainment (age left school) and their own educational qualifications by the age of 33. This leaves us with
a sample of 9,436 individuals.

The main limitation of the NCDS data currently available for our purposes is that we do not have data
on the inheritances received or expected by members of the cohort of interest. We therefore supplement
the NCDS data using the English Longitudinal Study of Ageing (ELSA). This is a biennial survey of a
representative sample of the 50-plus population in England, similar in form and purpose to the Health and

Retirement Study (HRS) in the US. The 2012-13 wave of ELSA recorded lifetime histories of inheritance

IThe age-46 survey is not used in any of the subsequent analysis as it was a telephone interview only, and the data are
known to be of lower quality.



receipt which we can use to augment our description of the divergence in lifetime economic outcomes by
parental background. We focus on individuals in ELSA born in the 1950s, leaving us with a sample of
3,001.2

Lastly, while the NCDS contains a rich set of qualitative measures on the quantity and quality of time
spent with children, it does not contain information on the precise hours spent with children, we use the
UK Time Use Survey (UKTUS) to map our NCDS investment measure into actual time. We describe
these datasets in greater detail in Appendix C.

In the rest of this section, we document the evolution of inequalities over the lifecycle, and in particular

how they relate to parental background and parental investments over time.

2.1 Ability and Time Investments

Table 1 shows the multiple measures of both ability and investments available in our data at ages 0, 7,
11, and 16. Having multiple measures is a key advantage of our data as each of the measures likely has
measurement error, and we can a dynamic latent factor model (developed ?), described below, to extract
the separate signal from noise. Before doing that, however, we highlight some of the key features available
in the raw data. We show how several measures of both investment and ability correlate with father’s
education to give an initial description of the intergenerational persistence in outcomes.

Figure 1 shows the cumulative distribution of normalized reading and math ability at each age, splitting
the sample according to father’s education. Throughout the paper we use low, medium and high to
describe education groups — these correspond to having only compulsory levels of education, having some
post-compulsory education and having some college respectively.? In the US context this would correspond
roughly to high school dropout, high school graduate, and some college. Figure 1 shows that, as one might
expect, children whose father has a higher level of education have higher ability; at the age of 7, 20%
(18%) of the children of low-education fathers had a reading (math) score around one standard deviation
or more below the mean, compared to just 4% (5%) of the children of high-education fathers. Similarly,
39% of the children of high-education fathers had a maths score around one standard deviation or more
above the mean, compared to 18% of the children of low-education fathers.*

The second key thing to note from Figure 1 is that ability gaps by father’s education widen through
childhood. At the age of 7, 61% of the children of low-education fathers have above-average reading scores

compared to 89% of the children of high-education parents - a gap of 28 percentage points. By age 11,

2The next wave of the NCDS, which will be in the field next year, is currently planned to collect information on lifetime
inheritance receipt. We hope to use these new data in later versions of this work

3For this age group of fathers, compulsory education roughly corresponds to leaving school at age 14, post-compulsory
means leaving school between ages 15 and 18, and some college means staying at school until at least age 19.

4For reading, a large number of students obtained a perfect score.



Table 1: List of all measures used

Ability measures

Investment measures

Age 0:
Birthweight Teacher’s assessment of parents’ interest in education (mother and father)
Gestation Outings with child (mother and father)

Read to child (mother and father)

Father’s involvement in upbringing

Parental involvement in child’s schooling
Age T:
Reading score Teacher’s assessment of parents’ interest in education (mother and father)
Math score Outings with child (mother and father)

Drawing score
Copying design score

Father’s involvement in upbringing

Parents’ ambitions regarding child’s educational attainment (further educ & university)
Parental involvement in child’s schooling

Library membership of parents

Age 11:

Reading score
Math score

Copying design score

Teacher’s assessment of parents’ interest in education (mother and father)
Involvement of parents in child’s schooling
Parents’ ambitions regarding child’s educational attainment

Age 16:
Reading score
Math score

All investment measures are retrospective, so age 0 investments are measured at age 7, age 7 investments

are measured at age 11, age 11 investments are measured at age 16.

that gap has widened to 37 percentage points, and by age 16 it stands at 38 percentage points. These

gaps widen for math also.



Figure 1: Reading and maths skill, by parental education
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Tables 2, 3 and 4 provide some descriptive evidence that at least some of the widening in ability gaps
by parental characteristics between ages 7 and 16 age can be explained by differential parental investments
(a hypothesis we test more formally using our model). Table 2 documents parental responses to a question
about reading with their child, asked when the child is 7. It shows differences in the frequency with which

both mothers and fathers read to their children, splitting families according to the education of the father.



For example, 34% of fathers with low education read to their 7-year-old children each week, compared to
53% of fathers with high education. The relevant figures for mothers are 47% and 67% respectively.
Tables 3 and 4 present the child’s teachers assessment of parental interest in the child’s education,
at the ages of 7 and 11 respectively. The differences by father’s educational attainment are perhaps
even more striking than those in reading patterns. When the child is 7, high educated fathers are three
times more likely to be judged by the teacher to be ‘very interested’ in their child’s education as low
education fathers (65% compared to 22%). While mothers are assessed as having greater interest in their
child’s education in all groups, there are large difference according to education group (76% in the highest
education group are very interested, compared to 35% in the lowest education group). At the age of 11,
the gap in paternal interest is very similar. The tables also show that having a higher-educated father
dramatically reduces the risk of a child having parents with little interest in their education. Among
those with a high educated father, only around 10% have a mother or father who is judged to show ‘little
interest’ in their education at the age of 11. On the other hand, among those whose father is low educated,

that figure rises to around a quarter of mothers and nearly half of fathers.

Table 2: Frequency with which parents read to age-7 children

Father
Never Sometimes Each week
Low 30% 36% 34%
Father’s education Middle 20% 35% 45%
High 18% 29% 53%
Mother
Never Sometimes Each week
Low 16% 37% 47%
Father’s education Middle 12% 31% 57%
High 10% 23% 67%




Table 3: Teacher assessment of parental interest in education of age-7 child

Father
Little interest Some interest Very interested
low 55% 24% 22%
Father’s education middle 34% 22% 44%
high 20% 15% 65%
Mother
Little interest Some interest Very interested
low 23% 43% 35%
Father’s education middle 10% 30% 60%
high 6% 18% 76%

Table 4: Teacher assessment of parental interest in education of age-11 child

Father
Little interest Some interest Very interested
low 46% 29% 25%
Father’s education middle 21% 25% 54%
high 12% 16% 2%
Mother
Little interest Some interest Very interested
low 26% 38% 35%
Father’s education middle 12% 27% 61%
high 8% 16% 76%

2.2 Educational Attainment

Table 5 shows that there is a substantial inter-generational correlation in educational attainment between
fathers and their children. First, having a high-educated father makes it much less likely that a child
will end up with low education. 30% of the children of fathers with low education end up with low
education, compared to only 10% of those with middle educated fathers, and just 2% of high educated
fathers. Second, having a high-educated father makes it much more likely that a child will end up with
high education. Fully 66% of the children of high educated fathers also end up with high education,

compared to only 20% of those whose fathers have low education.

Educational investments differ from inter-vivos transfers and bequests in terms of timing, but also
more importantly in that they directly impact on children’s earnings. In addition, educational attainment

affects who the individual partners with. It is these mechanisms by which high education parents transfer

resources to their children that we estimate and model below.



Table 5: Intergenerational correlation in education

Child’s education
Father’s education low middle high

low 30% 50% 20%
middle 10% 47% 43%
high 2%  32%  66%

2.3 Inter-vivos Transfers and Bequests

Table 6 documents the receipt of inter-vivos transfers and bequests of the NCDS cohort so far, again
splitting by father’s education. As explained at the start of this section, the top panel draws on the
NCDS data itself, while the bottom panel uses ELSA data instead, as information on inheritance receipt
is not yet available in the NCDS.

The table shows that inter-vivos transfers are a significant source of economic resources for young
adults, and that as one would expect are much more significant for those with higher-educated parents.
By the age of 33, 55% of those with a high education father had received an inter-vivos transfer, of an
average of around £50,000. While this is the mean of a highly right-skewed distribution, these figures
indicate an important role for inter-vivos transfers relieving borrowing constraints in this part of the
lifecycle. At the same age, 24% of those with low-educated fathers had received an inter-vivos transfer,
of an average size of just under £25,000.

Evidence from ELSA data suggests that differences in inheritance receipt by parental background
are also significant. 46% of those with high educated fathers have received an inheritance, compared to
26% of those with low-educated fathers, and among those who have received an inheritance, those with
high educated fathers have received around twice as much on average (£120,843 compared to £66,545) .
The net result is that those with high educated fathers have inherited around £40,000 more than those
with low-educated fathers. This is likely to understate the true difference in mean lifetime inheritance
receipt between these groups; some of those born in the 1950s will still have living parents, and differential

mortality means it is in fact likely that this applies to a larger share of those with high-educated fathers.

3 Model

This section describes a dynastic model of consumption and labor supply in which parents can make
different types of transfers to their children. The model can be used to a) evaluate how particular

intergenerational transfers affect the outcomes of household members, b) compare the relative insurance
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Table 6: Receipt of inter-vivos transfers and bequests by father’s education

Inter-vivos transfers
Mean (\pounds) Received Mean exc. zeros (\pounds)

Low 1921.763 6% 30,639
Father’s education Medium 7949.932 10% 77,909
High 9575.253 20% 49,073

Inheritances (1950s birth-cohort)
Mean (\pounds) Received Mean exc. zeros (\pounds)

Low 27,394 36% 75,648
Father’s education Medium 71,189 58% 122,395
High 93,553 54% 174,349

Notes: ELSA life-time inter-vivos transfers and inheritances in £2014. Trimmed at the top 1%. Only includes individuals
whose parents have both died by the time of the interview.

value of these types of transfers and c) simulate household behavior and welfare under counterfactual
policies (for example, under reforms to estate taxation).

Figure 2 provides an overview of the dynastic model. During childhood, parental time investments in
children and educational choices affect the evolution of the child’s ability and their educational attainment.
Children are then matched in couples, possibly receive transfers of cash from their parents and begin adult
life. They then have their own children, and alongside the standard choices of consumption and labour
supply they choose how much to invest in their own children, with implications for their children’s future
outcomes.

Our NCDS data respondents were surveyed every four to seven years from the age of 0 and 55. To
be consistent with the data, each of our model periods will cover the time between interviews (and each
period will be of different lengths). A model timeline illustrating this is shown in Figure 2 (while a more
comprehensive Appendix Table 17 summarizes the rest of the detail that will be laid out in this section).

Each individual has a lifecycle of 20 model periods which can be broken into four phases.

1. Childhood has periods t = 1,2, 3,4 which corresponds to ages 0-6, 7-10, 11-15, 16-22. During child-
hood the individual accumulates human capital and education, remains attached to their parents

and does not make active decisions.

2. Independence consists of one period at t = 5 at ages 23-25. The individual (potentially) receives a

parental cash transfer, is matched into a couple and begins working life.

3. Parenthood has five periods at ages t = 6,7, 8,9, 10, corresponding to ages 26-32, 33-36, 37-41,42-48,

49-54. Identical twin children are born at the start of the ‘Parenthood’ phase and now additionally

11
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Figure 2: The Life Cycle of an Individual

to making their own participation saving decision the parents decide how much to invest in their
childrens’ human capital and education. At the end of this period they have an opportunity to

transfer wealth to the children.

4. Late adult phase consists of 10 regularly space periods from 55-59, ..., 100-104. The household is

separated from their children and makes decision about their own saving and consumption.

In outlining the dynastic model we describe below a lifecycle decision problem of a single generation.
All generations are, of course, linked; each member of the couple whose decision problem we specify has
parents, and they, in turn, will have children. The index ¢ will denote the age (in model periods) of
the generation whose problem we are laying out, we use a prime to denote their childrens’ variables: for
example, in the model period when adults are aged ¢, their children are aged ¢'.°

We now provide formal details of the model.

3.1 Preferences

The utility of each member of the couple g € {m, f} (male and female respectively) depends on their

consumption (¢q ) and leisure (Ig):

v, 1—v _
(Cg?tlé,t g))l K

Ug(Cg,ta lg,t) — 1 _ y

5Children are born five model periods after their parents, therefore they are aged ¢ = 1 in model periods when the parent
is model-aged t = 6.
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We allow the relative preferences for consumption and leisure to vary with gender. Household preferences
are given by the equally-weighted sum of male and female utility, multiplied by a factor n; which represents

the number of equivalized adults in a household in time ¢ (scaled so that for a childless couple n; = 1).

W(Cmyts Cf oty bty Uiy t) = Mg <Um(0m7t, lmyt) +up(cyy, lf,t))

n—1

=, and adults who get

Total household consumption is split between children, who receive a fraction
a share n% The latter quantity is efficiently allocated between spouses.

In discounting their future utility each generation applies an annual discount factor (3). We assume
that (B represents an annual discount factor. Model period length aligns with the differences in time
between interviews and so the discount factor between model period varies. Thus ;41 is the discount
rate between ¢ and ¢ + 1 and is equal to 8™ where 7 is length of model period ¢.

Each generation is altruistic regarding the utility of their offspring (and future generations). In
addition to the time discounting of their children’s future utility (which they discount at the same rate
they discount their own future utility), they additionally discount it with an intergenerational altruism

parameter ().

3.2 Initial Conditions and Parental Cash Transfers Received

Individuals begin their independent life at age 23, and are matched into couples at this age. Individuals
differ at the start of life in their ability, their level of education and their initial wealth (which comes from
a parental cash transfer). We describe the determinants of ability, education, and wealth in the sections

below.

3.3 Demographics

There is probabilistic matching between men and women which is based on education, where education
takes one of three values: low, middle and high. The probability that a man of education ed,, gets married
to a women with education edy is given by Q.,(edp,,eds). The (symmetric) matching probabilities for
females are Qf(edy,ed,,). Everyone is matched into couples — there are no singles in the model. The
draw of spousal ability and initial wealth is therefore drawn from a distribution that depends on one’s
own education.

At age 26, a pair of identical twins is born to the couple. In order to match the average fertility for
this sample, which is close to two, yet still maintain computational tractability, we follow ? and assume

that the twins face with identical sequences of shocks.

5In addition, utility in each period is weighted by the number of years between periods.
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Mortality is stochastic - the probability of survival of a couple (we assume that both members of a
couple die in the same year) to age t + 1 conditional on survival to age t is given by s;+1. We assume
that death is not possible until the household enters the late adult phase of life at the age of 50 and that
death occurs by the age of 110 at the latest.

3.4 Constraints and Income Sources

Constraints Parents face three constraints — an intertemporal budget constraint, a liquidity constraint,

and an intratemporal time constraint. The first is at the household level:

a1 = (L+re)(ar +ye — (Cmye +cpt) — 74) (1)

where a; is parental wealth, y; is household income and z; is a cash transfer to children that can only be
made when the parent is 49 and the child is 23 (and z; = 0 otherwise). The gross interest rate (1 + 1) is
equal to (14 r)™ where r is an annual interest rate and 7 is the length in years of model period t.

The second constraint is a liquidity constraint. In our empirical work we match explicitly total inter-
vivos transfers received over the life cycle. In the model we assume that all transfers received are at age
23. In practice, however, many transfers are after this age. To account for this, we assume that some of
the transfers from parents to children are placed in a trust, and only a share of these assets m; are liquid

in period t. However, all earned income in period t is fully liquid. Thus we have the borrowing constraint

(emp+cfe) Fap S map + 1y = a1 > (147 (1— 7)oy (2)

7 is estimated outside the model to match the share of total wealth represented by received transfer at
that age.

The third constraint is a per-parent (g € {m, f}) intratemporal time budget constraint:

T =lgp+tige+hgy (3)

where T' is a time endowment, ti,; is time investments in children, and hy; is work hours, and I, ; is

leisure time.

Earnings and household income Household income is given by

T(emt: €, €}, t) if the children are age 16

I
—~

N
N—

Yt
T(€m,t; €f.t, 1) otherwise
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where 7(.) is a function which returns net-of-tax income, and e,,; and ey, are male and female earnings
respectively. In their last period before the ‘Independence’ phase of life (age 16), children can participate
in the labor market if they are no longer in education (discussed below). Their parents are still the
decision-maker in this period and any income they earn (e},) is part of household resources in that period.

Earnings are equal to hours worked (h) multiplied by the wage rate, for example: ef; = hy,wys. That
wage rate evolves according to a process that has a deterministic component which varies with age, a

term which depends on ability and a stochastic (AR(1)) component.

In wy = 0p+ 01t + 0ot + 03t® + 64 Inab + 55 PT; + v
V¢ = PU—1+ M
o~ N(Ov 02)

where PT; is a dummy for working part time. While the associated subscripts are suppressed here, each
of {69, 01, 02,03, 04, 65, p, 02} varies by gender (g) and education (ed).
3.5 Ability and Education of Children

This section describes the production function for ability and education from birth to age 23. Over this
part of the life cycle, parental investments of time received by their children do not directly impact the
contemporaneous utility of the child, but leads (in expectation) to the children having higher wages, more
able spouses and more able childrens’ children later in life, all of which matters to the altruistic parent.

3.5.1 Child Ability Production Function

A child’s initial ability at birth ab), is given by:

abyy = fap, (edpm, edf,u;bvlf) (5)

which depends on his/her parents’ level of education, ed,, and edy, and u;b/ 1>, which is a stochastic
variable that generates heterogeneity in initial ability, conditional on parental education.
Between birth and age 16, child ability updates each period according to the restricted translog

production function:

Inab, | =7 yInab, + v, Intiy + 73y Intiy - Inaby + 7, yed™ + 5y ed + Uy ¢ (6)

15



The rate of growth of a child’s ability depends on his/her parents’ level of education and the sum of the
time investments (ti; = tin,; + tif;) those parents make. There is also a stochastic component to the
ability transition equation (u;b,t 41)- Ability evolves until the period 4 (age of 16), after which it does not
change. ab without a subscript denotes final ability.

We include parental education to impact ability to capture the idea that high skill individuals who
are productive in the labor market may also be productive at producing skills in their children. This is a

mechanism that features prominently in several recent studies of the labor market (e.g., 7).

3.5.2 Education

When the child is age 16 the parent chooses the educational level of the child. There was compulsory
education to age 16 for our sample members and additional years of education were free of tuition at this
point in time. Thus we model the decision to send the child to school until age 18 or 22. Because tuition
was 0 for this cohort, the key cost of education at this time was the cost of forgone labor income from
the child. We model the potential income if the child works, and thus the loss of household income if the

child receives additional years of education as in equation (4).
3.6 Decision Problem

3.6.1 Decision Problem in the Parenthood Phase

Choices Households make decisions on behalf of both the adults and children within the household.

These are (with the time periods in which those decisions are taken given in parentheses):

1. Consumption of each parent— ¢;,; and cy; where m and f index consumption by the male and

female respectively (each period).

2. Hours of work of each parent — h, ¢, hy; We allow each parent to work full-time, part-time or not

at all (each period).

3. Time investments in children of each parent — ti,,; and tif; (up to and including the age at which

their child turns 11)

4. Childrens’ education ed’ (in the period the children turn 16)

Uncertainty In this phase couples face uncertainty over the innovation to each of their wages and the

innovations to the child ability production function. The joint distribution of these stochastic variables

(at = {nm.t, Nft Uabt}) is given by Fi(qu).
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State variables The vector of state variables (X,) during parenthood (where we suppress time sub-
scripts) is X, = {t, a, wm, wy, edpm, eds, abpy, abs, g',ab’} where t is age, wy,, ws are the wages of each of

both parents, aby,, abs are their abilities, ¢’ is the child’s gender and ab’ is the child’s ability.

Value function The value function for the Parenthood phase is given below in expression (7):

Vi(Xy) = max = {u(cm,t;Cf,t7lm,t7lf,tant) + Bit1 /Mt-}-l(xt—f—l)dFt—i—l(CIt—&—l)}
Cm,t:Cf 6 hm,eshp o tim e tip e edy
s.t. i) the intertemporal budget constraint in equation (1)
ii) the borrowing constraint in equation (2)

iii) and the time budget constraints in equation (3)

and education of the child is a choice when the child is 16, but not otherwise.

3.6.2 Decision Problem in the Independence Phase

The final period in which a couple is making decisions on behalf of their dependent child is when they

are 49 (and their child is 23).

Choices During this phase couples make three sets of choices:

1. Household consumption — ¢, cf ¢

2. Hours of work for each parent — h;,, hy; where m and f index hours of work by the male and

female respectively

3. A cash gift (z;) to their children made when the parent is age 49 and the child is 23.

Uncertainty Couples face two distinct types of uncertainty. The first is uncertainty over the charac-
teristics of their children as they start adulthood. The dimensions of uncertainty here are the childrens’
initial wage draw and the attributes of their future spouse (his/her ability, education level, assets, and
initial wage draw). The stochastic variables are collected in a vector pj,, and their joint distribution is
given by H(). These are realized after the parent makes their decision.

The second dimension of uncertainty is with respect to their own circumstances next year — that is

their next period wage draws (qi+1 = {9m,t+1,0f++1} with distribution given by Fyi1(qs1)).

State variables The set of state variables in this phase is that same as in the early phase of adulthood

plus childrens’ education (ed’).
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Value function The decision problem in the Independence phase where age of parent is 49 and age of

child is 23 (¢t = 10 and ¢/ = 5) is:

Vil(Xy) = max W(Cmts Cfts byt Lp ey 1) (7)
CnL,tycf,hh’m,t7hf,t773t
A [ VUK aHB) + B [ Vi (Kesa)dFes () | ®)

s.t. 1) the intertemporal budget constraint in equation (1)
ii) the borrowing constraint in equation (2)

iii) and the time budget constraint in equation (3)

Note that there are two continuation value functions here. The first is the expected value of the couple to
which the (soon to be independent) child of the parent will belong to. The (altruistic) parents take this
into account in making their decisions. This continuation utility is discounted by the altruism parameter
(M) and the integration is with respect to the children’s intial wage draw and the characteristics of their
spouse (these shocks are realized after the couple makes their decisions). The second continuation value
function is the future expected utility that the parents will enjoy in the next period (when they will enter
the late adult phase). The value function (given in equation (9)) must be integrated with respect to next

period’s wage draws, which are stochastic, and discounted by 11, the time discount factor.

3.6.3 Decision Problem in the Late Adult phase

At this stage the children of generation 1 have entered their own early adult phase and the generation 1

couple enters a ‘late adult phase’,
Choices During this phase households make labor supply and consumption/saving decisions only.

Uncertainty There is uncertainty over their next period wage draws (q,.; = {715 M+1,m} With
distribution given by F; ;(qs+1)) and there is now stochastic mortality (where assume that both members

of the couple die in the same period).

State variables The vector state variables (X,) during the late adult phase of life is
X, = {t,a,wn,wy,edn,eds,aby,,abs} The ability and education of the (now-grown-up) child are no

longer state variables.

Value function The decision problem in the ‘late adult’ phase of life can be expressed as:
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ViXy) = max {U(Cm,tacf,talm,talﬁt)+Bt+15t+1/W+1(Xt+1)dFt+l(qt+1)} 9)

Cm,t,Cf ¢ hm,t,hp e

s.t. the intertemporal budget constraint in equation (1)

and the time budget constraint in equation (3)

where s;41 is the probability of surviving to period ¢ 4 1, conditional on having survived to period . All
cash transfers received by the couple are now liquid (m; = 1), and so the couple of not subject to the

liquidity constraint in the late adult phase of life.

4 Estimation

We adopt a two-step strategy to estimate the model. In the first step, we estimate or calibrate those
parameters that, given our assumptions, can be cleanly identified outside our model. In particular, we
estimate the distribution of ability at age 0, the human capital production function, the wage process,
marital sorting process, mortality rates, and the process for the share of assets that are liquid 7 from the
data. In addition, we also estimate the initial conditions (of the joint distribution of education, ability,
gender, and parental transfers received at age 23) directly from the data. We calibrate the interest rate,
parameters of the tax code (taken from IFS TAXBEN), and household equivalence scale parameter.

In the second step, we estimate the rest of the model’s parameters (discount factor, consumption

weight for both husband and wife, risk aversion, and altruism parameter)

A = (5,Vf,l/m,’)/,)\)

with the method of simulated moments (MSM), taking as given the parameters that were estimated in
the first step. In particular, we find the parameter values that allow simulated life-cycle decision profiles
to “best match” (as measured by a GMM criterion function) the profiles from the data.

Because our underlying motivations are to explain sources of income and parental investments in
children, we match employment choices for both husbands and wives and also household time spent with
children, by parents’ age and education. Because we wish to understand study money as well as time
transfers to children, we also match educational decisions (and thus the forgone income from not working),
as well as cash transfers to children when the children are older. Finally, to understand how households
value their own utility in the present versus future, we match wealth data, which should be informative

of the discount factor.
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In particular, the moment conditions that comprise our estimator are given by
1. Employment rates, by age, gender, and education, from the NCDS data

2. Fraction in full time work conditional on being employed, by age, gender, and education, from the

NCDS data

3. Mean annual time spent with children, by child’s age and parent’s gender and education, from the

UKTUS data

4. The shares in each education group, by gender of child and parental education level, from the NCDS
data

5. Mean lifetime receipt of inter-vivos transfers, by education and gender of recipient, from ELSA

6. Tertiles of wealth at 33 and 50, by education of the husband, where wealth at age 33 is from the
NCDS and wealth at 50 is from ELSA

We observe hours and investment choices of individuals in the NCDS, and thus match data for these
individuals for the following years: 1981, 1991, 2000, 2008, and 2013: when they were 23, 33, 42, 50 and
55. See table

1) For transfers, what shall we do? [Eric: I think we calculate the PDV of inter-vivos transfers received,
then we will assume bequests are thrown into the sea (or the government takes the transfers or potentially
we randomly or equally distribute the bequests), given that we never figured out what to do with the

bequests. ]

The mechanics of our MSM approach are as follows. We compute life-cycle histories for a large number
of artificial households, each composed of a man and woman. Each member of these households is endowed
with a value of the age-23 ability and wages drawn from the empirical distribution from the NCDS data,
and wealth which is drawn from ELSA.

We discretize the asset and also the ability and wage grids for both spouses and, using value function
iteration, we solve the model numerically. This yields a set of decision rules, which, in combination with
the simulated endowments and shocks, allows us to simulate each individual’s assets, work hours and home
investment hours, child’s educational choices, and inter-vivos transfers. We use the resulting profiles to
construct moment conditions, and evaluate the match using our GMM criterion. We search over the
parameter space for the values that minimize the criterion. Appendix L contains a detailed description
of our moment conditions, the weighting matrix in our GMM criterion function, and the asymptotic

distribution of our parameter estimates.
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4.1 Estimating the Model of Parental Investments and Human Capital Accumulation

In our data we cannot directly observe children’s skills (ab;) or parents investment (7). However we have
multiple noisy measures of each. In our analysis we explicitly account for this measurement error, using
an approach where we an efficient implementation of the methods in ? to account for these multiple
measures. We show how to use multiple measures (as in ?, ?) but using a simpler system GMM approach
rather than maximum likelihood and filtering methods.

Following AW, we use a restricted translog production function (6) which we repeat here for conve-
nience:

In abg,_H =y ¢ Inably + yop Intiy + 3¢ Intiy - Inaby + vy ped™ + ’y57t/edf + ugb#

We assume independence of measurement errors and use the noisy measures to instrument for one
another. An important extension, relative to AW, is that we use many possible combinations of input
measures to instrument for one another.

We use the same methodology to estimate the function
Inti; = a1 Inaby + Oég}tedf + azed™ + o Iny + ug g (10)

This equation is not derived from the structural model, but is infomative of how changes in ability,
parental education, and income impact time investments, addressing measurement error. Thus we have
our model structural parameters match the estimated a parameters in equation 10 using an indirect
inference procedure. See the appendix for details on the estimation and identification of the parameters
in this section.

The NCDS contains multiple measures of investments at different ages, but does not measure the
actual time spent. As parents choose investments in terms of time in the model, we convert the latent
time investment index to time using UKTUS data. For this, we assign the percentiles of latent investments
the amount of time related to the same percentile of time investments in the UKTUS. See the appendix

for further details.

4.2 Estimating the Wage Equation, Accounting for Measurement Error in Ability

and Wages and Selection

We estimate the wage equation laid out in Section 3:

Inw; = lnw, + up = dp + 01t + 8at? + 6513 + S4lnab + 65 PT} + vy + u; where (11)
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v = pue—1 + 1,
uz is IID measurement error in wages

for each gender and education group. We estimate the wage equation parameters in two steps.

In the first step we estimate the § parameters, accounting for measurement error in Inab using the
measurement error framework of AW. In the second step we estimate the parameters of the wage shocks
p, Var(n), and the variance of wages upon entry into the labor marketVar(vs) using a standard error
components model, accounting for measurement errror in both Inab and wu;.

The above procedure addresses problems of measurement error in ability and wages but not selection.
We control for selection bias by finding the wage profile that, when fed into our model, generates the
same estimated profile (i.e., the same § parameters from equation (I.1)) that we estimated in the data.
Because the simulated profiles are computed using only the wages of those simulated agents that work,
the profiles should be biased for the same reasons they are in the data. We find this bias-adjusted wage
profile using the iterative procedure described in French (2005).

See appendix H for details.

4.3 Imputing Time Spent with Children

The NCDS data includes high quality information on measures of parental investments in children, but
does not include the model consistent measure of actual hours spent with children. In order to construct
a measure of actual hours spent with children, we first use our latent factor model to construct an index
of time spent with children. To convert the index into hours, we use time data from the UKTUS survey
for children aged 5-9, summing up investment hours of husband and wife. We calculate rank percentiles
of our time index in the NCDS and and the rank percentiles of hours in the time use data. For example, a
household is predicted to be at the 75th percentile of the time investments in children distribution in the
NCDS data, then to that household we assign the hours with children observed at the 75th percentile of
hours in the time use data. We use this method to convert model generated time investment in children
into the latent time investment measure in equation (6) to generate ability realizations for the children in

the model.

5 First Step Estimation Results

In this section we describe results from our first-step estimation, that we use as inputs for our struc-
tural model, and the outputs that we require our model to match. These first step inputs describe the

determinants of investments in children, how those investments affect childrens’ ability, and how ability
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impacts success in the labor market. In particular, we present estimates of how children’s ability, as well
as parental resources, affect investments in children. We also present estimates of the effect of parental
time investments on children’s ability, and how that ability in turn affects subsequent education and
adult earnings. This exploits a key advantage of our data - that we measure for the same individuals their

parents’ investments, their ability and the value of that ability in the labour market.

5.1 The Determinants of Parental Investments in Children

In Section 2, we documented that higher-educated parents spend more time time reading to their children
and show more interest in their educational progress. Here we exploit this variation to create a measure of
the time investments of parents in children using the methods described briefly in Section 4.1 and in more
detail in the appendix. Throughout in estimation we use a GMM estimator with a diagonal weighting
matrix.

We estimate equation (10) for the periods when the children are between ages 0-6, 7-10, 11-16 with
parents of the corresponding ages 26-32,33-36,37-41. Time investment in the data is measured at the end
of the period (e.g., age 7 for when the child was age 0-6). Our time index is measured in logs, and thus
we can interpret our coefficients as being measured as elasticities.

For children between ages 0-6, we find that a 1% increase in parents’ income increases the index of
time spent with the age 0 child by .11%, and a one year increase in mother’s and father’s education
increases time spent with the child by .039% and .034%, respectively.

The effect of child’s ability and parents’ income on investments grows with age. We find that parents
reinforce children’s skills - a 1% increase in child ability at age 7 is associated with a 0.35% increase in
age 7 investments. Parental education again has a positive effect on age 7 investments. The effect of
income on investments becomes stronger such that a 1% increase in income leads to a 0.16% increase in
investments.

These estimates grow further at age 11: a 1% increase in child ability at age 11 is associated with a
0.68% increase in age 11 investments. The effect of income on investments becomes stronger such that a
1% increase in income leads to a 0.26% increase in age 11 investments. Interestingly, father’s education
has a larger impact than mother’s education on our age 11 time index.

These results are robust to also including a number of other covariates into the equation, such as

parental age and number children in the household.
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Table 7: Determinants of time investments.

Coeff  90% CI
Investment function age 0-6
log ability 0.000 [-0.015,0.019]
log parental income 0.078 [0.057,0.112]
mum: medium ed 0.086 [0.060,0.135]
mum: high ed 0.194 [0.119,0.281]
dad: medium ed 0.113 [0.081,0.154]
dad: high ed 0.154 [0.113,0.233]
Investment function age 7-10
log ability 0.363 [0.314,0.401]
log parental income 0.125 [0.096,0.176]
mum: medium ed 0.260 [0.210,0.326]
mum: high ed 0.263 [0.203,0.322]
dad: medium ed 0.276 [0.181,0.377]
dad: high ed 0.365 [0.278,0.466]
Investment function age 11-15
log ability 0.589 [0.536,0.635]
log parental income 0.174 [0.123,0.220]
mum: medium ed  0.223 [0.152,0.287]
mum: high ed 0.302 [0.145,0.429]
dad: medium ed 0.240 [0.163,0.315]
dad: high ed 0.333  [0.211,0.439]

Notes: GMM estimates. Confidence intervals are bootstrapped using 100 replications. Parent’s income is log after tax annual
labor income, measured at age 16. For the investment equation in period 1 (age 0-6), we use ability measured at age 0, and
investments at 7. For the investment equation in period 2 (ages 7-10), we use ability measured at age 7, and investments at

11. For the investment equation in period 3 (ages 11-15), we use ability measured at age 11, and investments at 16.

5.2 The Determinants of Ability

In Section 2 we documented that children of high educated parents do better in cognitive tests, and that
the ability gaps between children of high and low educated parents grow over time. Here we combine the
multiple test scores to create a measure of skills, and estimate a human capital production function using
the methods described briefly in Section 4.1 and in more detail in the appendix. Similar to our approach
to estimating the determinants of time investment, we use a GMM estimator with a diagonal weighting
matrix.

We allow for the fact that high education parents may have high ability children. We assume that
parental education determines the initial draw of the child ability (i.e. at birth). See appendix F for more
on this.

We estimate equation (6) for ability at ages 7, 11, and 16. The time investments entering the equation

are those corresponding to ages 0-6, 7-10, and 11-16, respectively (when the parents are aged 26-32,33-36,
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and 37-41).
Our ability index is measured in logs, and thus we can interpret our coefficients as being measured as
elasticities.

Table 8: Determinants of log ability.

Coeff 90% CI

Production function age 7

log ability 0.107 [0.037,0.206]
log investment 0.205 [0.194,0.296]
ability x inv -0.039  [-0.129,0.003]
mum: medium ed 0.303 [0.251,0.374]
mum: high ed 0.403 [0.262,0.485]
dad: medium ed  0.314 [0.226,0.426]
dad: high ed 0.265  [0.204,0.333]
Production function age 11

log ability 0.861 [0.819,0.986]
log investment 0.117 [0.091,0.152]
ability x inv 0.079 [0.059,0.113]
mum: medium ed 0.146 [0.057,0.173]
mum: high ed 0.325 [0.212,0.456]
dad: medium ed  0.202 [0.115,0.245]
dad: high ed 0.357  [0.255,0.429]
Production function age 16

log ability 0.945 [0.908,0.980]
log investment 0.111 [0.082,0.140]
ability x inv 20.041  [-0.071,-0.009]
mum: medium ed 0.021 [-0.014,0.054]
mum: high ed -0.066  [-0.185,0.047]
dad: medium ed  0.042 [0.001,0.072]
dad: high ed 0.080 [-0.017,0.153]

Notes: GMM estimates. Confidence intervals are bootstrapped using 100 replications. For the production function at age 7,
we use log ability measured at age 7 as a function of log ability at age 0, log time investments measured at age 7 (and referring
to investments at age 0-6). For the production function at age 11, we use log ability measured at age 11 as a function of
log ability at age 7, log time investments measured at age 11 (and referring to investments at age 7-10). For the production
function at age 16, we use log ability measured at age 16 as a function of log ability at age 11, log time investments measured

at age 16 (and referring to investments at age 11-15).

We estimate the relationship between age 7 ability as a function of age 0 ability, age 0 time investments,
the interaction of ability and time investments, and mother’s and father’s education. Estimates are
presented in Table 8. It shows that time investments have a significant effect on changes in ability over
time, even after conditioning on background characteristics and initial ability. A one percent increase in
time investments at age 0 raises age-7 ability by 0.225 percent, a one percent increase in time investments
at age 7 raises age-11 ability by 0.09 percent, and a one percent increase in time investments at age 11

raises age-16 ability by 0.13 percent.
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Ability is very persistent, especially at older ages.

Interestingly, the interaction between ability and investments is negative for age 7, but positive for
age 11. This implies that whilst at young ages, investments are more productive for low-skilled children,
at older ages, productivity is higher for the higher-skilled ones. The positive and statistically significant
coefficients on the age 11 interactions terms indicates that the ability production function does in fact
exhibit dynamic complementarity at this stage of childhood (as found by 7).

We find that parental skill, as measured by parental education, is strongly impacts future ability,
providing empirical support for a key mechanism for perpetuating inequality across generations. High
skill parents are effective in producing human capital in their children (as also shown in some of the papers
cited in ? and is assumed in ? and ?) in addition to having more resources to afford college.

These results are robust to also including a number of other covariates into the equation, such as

parental age and number children in the household.

5.3 The Effect of Ability and Education on Wages

In the dynastic model with intergenerational altruism laid out in Section 3 parents do not receive any direct
return from their children having higher ability at the age of 23. Instead, they include their children’s
expected lifetime utility in their own value function, with a weight determined by the intergenerational
altruism parameter A\. Hence parental investments in children’s ability (both through time and money
investments in education) will be driven by the return to ability in the labour market. Here we focus on
the return to ability in the labour market, as measured by its impact on wages. We estimate the wage
equation (I.1) laid out in Section 3 and H for each gender and education group.

Ability impacts wages through its relationship with education, but it also has a direct impact on wages
conditional on education. This is shown by Table 7?7, which plots the estimates of d4 for each gender
and education group. The interpretation of these coefficients is that they are estimates of the log-point
increase in wages associated with a log-point increase in age-16 ability, conditional on education. The
top panel does not correct for selection, whereas the bottom panel does. The extent of complementary
similar to that estimated in 7, and is implicit in much of the literature on match quality in educational
choice (e.g., ?7), although this finding has received less attention in the literature on estimation of ability

production functions.
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Table 9: Log-point change in wages for a 1 log-point increase in ability, by education level

Male Female

No selection correction
Low 0.113 (0.025) 0.137 (0.030)
Middle 0.194 (0.020) 0.134 (0.020)
High 0.259 (0.028) 0.179 (0.029)

With selection correction

Low 0.113X 0.137X
Middle 0.194X 0.134X
High 0.259X 0.179X

Note: Cluster bootstrapped standard errors in parentheses (500 repetitions). The variance of log ability is .57.

The table shows that, as one would expect, age-16 ability has a significant positive impact on wages
conditional on education for all groups. Perhaps most interestingly, it shows evidence of complementarity
between education and ability in the labour market, particularly for men. While low education men see
only a 0.113 log-point increase in hourly wages for every additional log-point of ability, high education
men (with some college education) see an average increase of 0.259 log-points in hourly wages for every
additional log-point of ability. To give a sense of the magnitude of the estimated impact of ability on
wages, the variance of log ability is 0.57. Thus increasing ability for a high education male by one standard
deviation increases his wages by v/.57 x .259 = 20%.

As we show below this dynamic complementarity between ability and education gives rise to self
selection. Those with high ability tend to select into high education. Furthermore, because of forward
looking behavior, households more likely to invest in the education of their child also invest more time in
producing high ability children.

Figure 3 shows wage profiles by age, education and gender for full time workers with average ability.
The top panel shows estimates not accounting for selection. The bottom panel accounts for selection.

Men and those with high education have higher wages and faster wage growth.
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Figure 3: Wages, by age, education and gender
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Finally, table 10 shows the persistence and variance of innovations to wages. The results indicate
that p = 0.937 — 0.999 depending on the group; wages are almost a random walk. The estimate of 0127
=0.005-0.021; one standard deviation of an innovation in the wage is 7-14% of wages, depending on the
group. These estimates are similar to other papers in the literature (e.g. 7, ?) and imply that long
run forecast errors may be large. Furthermore, we find evidence that the variance of wage innovations is
increasing with education.

Interestingly, however, we estimate 035 to be small for all groups. While there is significant cross
sectional variation in wages, even early early in life, we estimate that most of that variation is explainable

by our latent ability measure and measurement error in wages.
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Table 10: Persistence and variance of innovations to wages, by education level

Parameter Description Low Middle High
Men

p autocorrelation of wage innovation | 0.964 0.984 0.978
(0.015)  (0.007)  (0.010)

0727 innovation variance of wages 0.0065 0.0079 0.0103
(0.0024) (0.0017) (0.0020)

Women

) autocorrelation of wage innovation | 0.960 0.942 0.943
(0.0021)  (0.008)  (0.014)

0,2] innovation variance of wages 0.0061 0.0142 0.0230
(0.0036) (0.0027) (0.0062)

5.4 Marital Matching Probabilities

Table 7?7 shows the distribution of marriages, conditional on education, that we observe in the NCDS
data. It also shows the share of men and women in each educational group. An important incentive
for education is that it increases the probability of marrying another high education, high wage person.
Table 7?7 shows evidence of assortive mating, as shown by the high share of all matches that are along
the diagonal on the table: 12% of all marriages are between couples who are both low educated, 38% are

between those who are middle educated and 4% among those who are highly educated.

Table 11: Marital matching probabilities, by education

Low Medium High Share of
education education education females in
male male male education group
Low education female 0.12 0.19 0.02 0.33
Medium education female 0.13 0.38 0.05 0.56
High education female 0.01 0.07 0.04 0.12
Share of men in education group 0.26 0.64 0.11

Note: The numbers represent cell proportions, which are the percentage of all marriages involving a
particular match, i.e. these frequencies sum to one. NCDS data, marriages at age 23

5.5 Other Calibrations

Other parameters set outside the model are the interest rate r, parameters of the tax system 7, the
household equivalence scale (n;), time endowment T, and survival probabilities s;.

The interest rate is set to 2.2%, following 7. To model taxes, we use IFS TAXBEN which is a
microsimulation model which calculates both taxes and benefits of each family member as a function of

their income and other detailed characteristics . We then calculated taxes and benefits (including state
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pensions) for our sample memebers at each point in their life, and estimated a three-parameter tax system
which varies across three different phases of life: young without children (age 23), working adult (ages
26-60), pension age (age 65, onwards). This three parameter tax system has the following functional

da.t

form: y; = dos + di(ems + ert) We set the time endowment to T = 16 available hours per day X

7 days per week x 52 weeks per year=>5,824 hours per year. We use the modified OECD equivalence scale
and set n; = 1.4 for couples with children. Survival probabilities are calculated using National life tables

from the Office for National Statistics.

5.6 The Moment Conditions We Match

6 Second Step Results, Identification, and Model Fit

We also report our second-step parameter estimates for our structural model, the model fit, and we discuss

the model’s identification.

6.1 Utility Function Estimates and Identification

Table 12: Estimated structural parameters.

No wage Set

Benchmark selection A=
B: discount factor 0.943 0.999 0.97X
(0.04) (0.0X)X (0.05)
vy consumption weight, female 0.378 0.377 3.84
(0.018) (0.01X)X  (0.55)
Vm: consumption weight, male 0.430 0.441 b
(0.016) (0.01X)X NA
~: risk aversion 6.362 4.552 2,360
(0.021) X (8,122)X
A: altruism parameter 0.416 .385 0
(0.012)
Coefficient of relative risk aversion, consumption* 3.2 2.5
Overidentification test XX 80.6 81.5
Degrees of freedom XX 97 96
p-value XX 88.5% 85.4%

Notes: Standard errors: in parentheses below estimated parameters. NA: parameters fixed for a given estima-
tion.

* Average coefficient of relative risk aversion, consumption, averaged over men and women. Calculated as
—(1/2)[(rm (1 =) = 1) + (v (1 =) = 1)].
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The parameter + is the coefficient of relative risk aversion -, (or the inverse of the intertemporal elasticity)
for the consumption-leisure aggregate. It is the key parameter for understanding both the coefficient of
relative risk aversion for consumption and for understanding the willingness to intertemporally substitute
labor supply. Identification of this parameter comes from both consumption and labor supply decisions.

The coefficient of relative risk aversion for the consumption is on average XX to XX (depending on
the specification) averaging over men and women,” which is similar to previous estimates that rely on
different methodologies (see Attanasio and Weber (1995) and Browning et al for reviews of the estimates).
Identification of the coefficient of relative risk aversion for consumption is similar to Cagetti (2003) and
French (2005) who estimate models of buffer stock consumption over the life cycle using asset data.
Within this framework, a small estimate of the coefficient of relative risk aversion means that individuals
save little given their level of assets and their level of uncertainty. If they were more risk averse, they
would save more in order to buffer themselves against the risk of bad income shocks in the future. These
precautionary motives can explain high employment rates when young, despite the low wages of the
young: more risk averse individuals work more hours when young in order to accumulate a buffer stock
of assets.

We also obtain identification from labor supply, since = is the inverse of the intertemporal elasticity
of substitution for utility, and is thus key for determining the intertemporal elasticity of labor supply.®
Wage changes cause both substitution from work both into leisure and into time spent with children.

Interestingly, we also obtain identification from the relative time versus money transfers to children.
Time investments in children tend to pay a high return, but are risky since the child’s human capital is a
risky. The parent can also transfer a riskless financial asset to the children. A low coefficient of relative risk
aversion implies counterfactually high hours levels spent with children when young, and counterfactually
low transfers to the children.

Our estimate of the time discount factor, 3, is larger than most estimates for three reasons. The first

two reasons are clear upon inspection of the Euler Equation: aac Ztt > Bsir1(1471)) Et%.g This equation
identifies fBsy11(1 + 7), although not the elements of this equation separately. Therefore, a lower value
of s¢11 or (1 + r) results in a higher value of 5. The first reason for our high estimate of /5 is that most
studies omit mortality risk. In our model, individuals discount the future not by the discount rate 5, but

by the discount factor multiplied by the survivor function s;; ;. Since the survivor function is necessarily

(8%ut/0c2 e ,

(a;t/agc;,t)g f = —(rg(1—7) - 1),
and so the average is —(1/2)[(vm(1 — ) — 1) + (vf(1 — ) — 1)]. Note that this variable is measured holding labor supply
fixed. The coefficient of relative risk aversion for consumption is poorly defined when labor supply is flexible.

"We measure the individual’s coefficient of relative risk aversion using the formula —

8 Assuming certainty, linear budget sets, and interior conditions, the Frisch elasticity of leisure is M and the Frisch

elasticity of labor supply is f}lf—'t x Lal=n-1 However, one of the advantages of the dynamic programming approach is that
9,
it is not necessary to assume certainty, linear budget sets, or interior conditions.

9Note that the Euler Equation holds with equality when assets are positive.
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less than one, omitting mortality risk will bias # downwards. Third, the life cycle profile of hours shows
that young individuals work many hours even though their wage, on average, is low. This is equivalent
to stating that young people buy relatively little leisure, even though the price of leisure (their wage) is
low. Between ages 35 and 60, people buy more leisure (i.e., work fewer hours) as they age even though
their price of leisure (or wage) increases. Therefore, life cycle labor supply profiles provide evidence that
individuals are patient. Heckman and MaCurdy (1980), and French (2005) also find that 5(1 4+ r) > 1
when using life cycle labor supply data.

The parameters v, and v are identified by the level of hours worked, both in the market and at home
investing in children. To see this note that, the marginal rate of substitution between consumption and

leisure is approximately

Our , Ou

8hg,t an
I —vge Con

wg(1 — Tg,;,t) =

(12)

Vgt lgt

which holds with equality when work hours are positive, where 7/ + 1s individual ¢g’s marginal tax rate at
time ¢.19 Inserting the time endownment equation (3) into equation (12) and making the approximation

~ " Y vi
ot = Wy thg (1 —7,,) yields
hgt

Vg " ————.
g .
T — t’Lg’t

(13)

Thus v, is approximately equal to the share of non-childcare hours that is spent at work. We find that
this share is somewhat less than .5, and thus our estimate of v, is modestly less than .5 for both men and
women.

The parameter A is identified from three sources.

First, households make time investments in their children when young. The opportunity cost of this
time is considerable.

Second, households invest in the formal education of their children. The foregone household income
from children going to school represents a direct loss of resources to the household. We estimate that the
returns to both time investments in education are high. For example, we find that the return to education
is XX %, assuming average, which is well above the market interest rate of XX%.

Third, households make cash transfers to their children. We find that cash transfers to children are
modest. However, they are the most direct source of altruism. To see this, note that from equation
(7) that in the transition phase (¢ = 9, when the parent is 49 and the child is 23), parents have the

opportunity to transfer resources, and the following optimality condition holds

10This relationship is not exact, for three reasons. First, we allow for a part time penalty to work hours.
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that holds with equality if transfers are positive. The term on the right is the child’s expected marginal
utility of consumption value of assets, which the parent can transfer to the child when the child is age 23.
Children are borrowing constrained and thus likely have a higher marginal utility of consumption than
their parents, for multiple reasons. First, because wages rise over the life cycle, their wages are lower than
their parents. Second, the children will have their own children, which is both expensive. Third, those
children of children also involve time investments, reducing time available for work.

We estimated that inter-vivos cash transfers are modest relative to lifetime income. Given the higher
marginal utility of consumption of children than adults when the children and the small size of transfers,
this suggests that A < 1. Nevertheless, the fact that these transfers are made is perhaps the strongest

evidence that A > 0 and households are altruistic.

6.2 Model Fit

7 Results

7.1 The Returns to Education

In our model wages depend on ability, education, and the interaction of ability and education, among
other variables. We measure the return to education by exogenously changing education levels of agents
in the model, then calculate their lifetime income, from age 23-65, and calculate the percent difference
in earnings given these different education levels. In column (1) of table 7?7 we do this by assuming that
the education was unanticipated: the household’s decision rules are thus calculated assuming that the
household can choose the child’s education level. Thus changing education holds constant the decision to
invest in child’s ability. If everyone received low education, lifetime earnings would be xxx. If everyone
selected high education, earnings would be xxx, a difference of xx%. Given that the average difference
in years of schooling between low and high educated individuals is approximately 5, this translates to a
xx% increase in lifetime earnings per year of education.

Section 5.3 shows that the returns to ability are higher for the highly educated, which we interpret
as a form of dynamic complementarity. This implies the return to education is higher for high ability
individuals. High ability individuals are thus more likely to select into education.

We focus on the return to education for two groups: those who in the baseline case selected high

(college) education, and for those who selected low (compulsory) education.
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For those who select low education, we calculate their lifetime income in the baseline case, then force
them to have high (college) education, again calculating their lifetime income. Table ?7 shows that for
those who would have selected low education, lifetime income is virtually unchanged by sending them
to high education. The reason for this is that the wage gains from education are modest for these low
ability individuals. In contrast, the returns to education are high for those who select high education.

Complementarity between ability and education, in combination with self selection in the model, is crucial.

Table 13: Returns to education.

Unanticipated Anticipated

(1) (2)
All

Lifetime income, if low education
Lifetime income, if high education
Percent change

Percent change, annualized*

Those who selected high education
Lifetime income, if low education
Lifetime income, if high education
Percent change
Percent change, annualized*

Those who selected low education
Lifetime income, if low education
Lifetime income, if high education
Percent change
Percent change, annualized*

Notes: * Percent change, annualized= percent change/5.

As with column (1), column (2) solves the model both for the case where the everyone is low education
then everyone is high education. However, in column (2) everyone is aware of their future education
level. This means households can change their time investment and other decisions in response to the
education change. When households are forced to provide more education to their children, they respond
by increasing time investments, since the return to child investment is now higher. Thus, the return to
education is so some extent, a choice. Column (2) shows that when allowing for these anticipation effects,

the return to education is larger.
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7.2 A Statistical Decomposition of the Persistence in Inequality

In this analysis, we quantify the difference in expected lifetime income (as defined below) across children
with fathers of the three different education levels defined and discussed in Section 2: compulsory, some

post-compulsory and some college.

7.2.1 Methods

In this analysis, we focus on male members of the NCDS cohort, and define lifetime income as the sum
of gross earnings during prime working age (between the ages of 25 and 55), plus any cash transfers and
bequests from parents.

Differences in cash transfers and bequests from parents can be directly observed in the NCDS and
ELSA data respectively, as reported in Table 6. To calculate differences in prime-age earnings we proceed
in two steps. First, we estimate the earnings equation given in Sections 3 and ?77. Second, we calculate
in the NCDS data the distribution across education and ability levels of individuals with each level of
father’s education. By combining these two things, we can calculate expected lifetime earnings for each
paternal education group.

Having calculated expected earnings for each paternal education group given the actual distributions
of ability and education within each group, we then do the same calculation for three counterfactual
distributions of ability and education across each paternal education group.

See appendix I for details.

Table 14: Statistical Decomposition of lifetime income gap

Education of dad:
Low Medium High

Average lifetime income

of children (£1,000): 1,129 1,443 1,720
Reduction in income gap if...

... time investments are equalized 12% 12%
.. everyone goes to college -5% 10%
.. equalize time investments and college 11% 25%
.. equalizing cash transfers 11% 8%

7.3 Intergenerational Elasticity of Income

Prior work (reviewed e.g., in Black and Devereux 2011) has used many different statistics to summarize

the joint distribution of parents and childrens income: (1) log-log intergenerational elasticities (IGE) of
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child income with respect to parent income; (2) the correlation between parent and child percentile ranks;
and (3) quintile transition matrices. We focus on approaches (1) and (2).

We focus in estimating the regression

Iny =ap+arlny+u (14)

where " denotes a children’s variable, and thus it is the regression of child’s log income on father’s log
income. Assuming that the model is stationary (and so Var(lny') = Var(Iny)), the parameter a; can

also be interpreted as the intergenerational correlation of income.

7.3.1 Measurement

Studies estimating the intergenerational correlation of income often focus issues of measurement error,
which can lead to attenuation bias. Some papers have argued that there is less measurement error in
earnings at ages 35-50 than at other ages and so earnings should be measured in this age range. For this
reason, and to be close to much of the empirical work, we choose father’s income at age 43 and child’s
income at age 33, which is what

For these reasons, and following much of the literature, we estimate equation (14) using four different
approaches. First, we add measurement error to our simulated wage data, multiply this by model hours,
and use child’s income at 33 and father’s income at 43 and estimate equation (14) using OLS (which
is approximately the ages of fathers and sons that Dearden et al. (1997) use). Second, we use average
father’s income between ages 40-45, which follows much of the literature (e.g., Solon, Mazumder). Third,
we instrument for father’s income using father’s education. This is a common procedure to address
measurement error in parental income. We should not think that this instrumental variables procedure
should deliver the true correlation, but merely as a point of reference to the literature. Finally, we calculate
the entire lifetime labor income of fathers and children, assuming no measurement error in wages or any

other variable. This would be the approach we would use if we had ideal data.

7.3.2 Intergenerational Correlation of other Variables

Education, wealth, earnings versus household income.
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Table 15: Model Predicted Intergnerational Elasticity of Income

IGE
Estimates (from Dearden et al. (1997)) 0.45
Model prediction 0.42
Model prediction, equalize education 0.04

Model prediction, allow heterogeneity in education, 0.28
shut down assortive mating

7.3.3 Decomposing the IGE

Our model has several channels to explain the intergenerational correlation of income. First, we allow
for the fact that highly educated parents may be more productive with their time. Second,we allow for
the fact that high income households spend more time with their children, increasing their age 16 ability.
Third, they are more likely likely to send their children to college. To investigate the relative importance

of these channels, we use both a purely statistical model, and also our structural economic model.

8 Conclusions and Policy Implications

At the most general level, the paper shows that policymakers interested in tackling the intergenerational
transmission of inequalities need to consider policies designed to counter the inequality-increasing effects
of each of the three forms of parental investment, since each proves to be quantitatively important in
driving inequalities in income. Moreover, policymakers should bear in mind the substitutability of these
different forms of investment - any attempt to shut down one channel of parental investments is likely to

provoke a shift towards investment in other forms.
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A Parameter definitions

Table 16 summarises the parameters that enter the model and which are introduced in the body of the

paper (excluding the appendices).

Table 16: Parameter definitions

Preference Parameters State variables
Ié; Discount factor, annual g€ {m,f} Gender
Bes1 Discount factor, between model periods t Model period
Vg Consumption weight in utility function edg Educational Attainment
A Intergenerational altruism parameter a; Wealth
Wyt Wage
Labour market Household choices
Yt Household income Cg,t Consumption
7(.) Net-of-tax income function lg.t Leisure
€g,t Earnings hg,t Work hours
i wage innovation tig, Time investment in children
o} Variance of wage innovation xy Cash transfer (¢t = 10)
p Autocorrelation of wage innovation
Ability Utility function and arguments
abl, Child’s ability at ¢’ u() Single period utility function
fab, ) Childhood ability production function Vi (Xy) Value function (parenthood phase)
Lhab Stochastic ability component X Vector of all state variables
F() Joint distrib. of parental uncertainty Nng Number of equiv. adults in household
ae Parental uncertainty vector T Time endowment
Py Independence uncertainty vector
Assets Other
(1+7) Gross interest rate, between model periods | 7 Length (years) of period t
Annual interest rate Qq() Marriage probability function
T Transfer liquidity parameter St+1 Survival rate across period t
Measurement Systems
w Vector of child ability and time investment
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B Time Periods, States, Choices and Uncertainty

Table 17 lists all model time periods, parents’ and chilrens’ age in those time periods, the state variables,

choice variables, and sources of uncertainty during those time periods.

Table 17: Model time periods, and states, choices and sources of uncertainty during those time periods

Time Periods

Model period 12 5 6 7 8 910 11 12 13 14 15 16 17 18 19 20
Parent generation’s age 07 11 16 23 26 33 37 42 49 55 60 65 70 75 80 85 90 95 100
Child generation’s age 0 7 11 16 23

3 4
1 16

Parent generation’s datasets
NCDS X X X X X
Time use survey X X X

ELSA X X X

Child generation’s datasets
NCDS X X X

Parent generation’s states
Assets

Wage of male and female
Education of male and female
Ability of male and female
Children’s gender

Children’s ability

Children’s education

MoMoM
I T I
I I B B
I I I
I I T A
T T T A I

Mo oW

MoMoM N

Mo oW

Mo oM

HoMoH N

Mo oH

MoK oHW X

Mo oW

MoMoM

MoK

Parent generation’s choices
Work hours of male and female X X X X X X X X X X X X X X X X
Time spent with children,

male and female X X X
Consumption, male and female X X X X X X X X X X X X X X X X
Cash transfer to children X
Education of children X

Parent generation’s uncertainty

Wage shock of male and female X X X X X X X X X X X X X X X X
Initial ability of children X

Ability shock to children X X X

Children’s partner X

Children’s initial wage
Mortality X X X X X X X X X X X

™

Table 18: Note: Between periods 1 and 4 the parent generation makes no choices, and in this sense has no state
variables or uncertainty.

C Data

We use data from the NCDS, ELSA, and UKTUS in our analysis, and use sample selection rules which

are consistent across the three data sets. The sample selection rules are described in more detail below.
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C.1 NCDS

Our main data set is the National Child Development Survey (NCDS) which started with 18,558 individu-
als born in one week in March 1958. We use the NCDS Data in three different ways: First, for estimating
the ability production functions. Second, for estimating the income process. And third, to derive moment
conditions on marital matching, education shares, employment rates, the fraction of full-time work, and

wealth at age 33. We explain the samples used for these three purposes in more detail below.

Production function estimation: For the production function estimation, we require individuals to
have a full set of observations on ability all measures, investment measures between the ages of 0-16,
parental education, and parental income (see table 1 for a full list of measures). This reduces the original

sample of 48,644 observations to 11,596 observations across the four waves considered.

Income process: For the estimation of the income process, we consider the waves collected at ages 23,
33, 42, 50, and 55, leaving out age 46 due to low-quality data. This leads to a total of 54,352 observations
in adulthood. Of these, we drop all self-employed people (5,932 excluded), those who are unmarried after
age 23 (7,602 excluded), those for who we only have one wage observation (9,909 excluded) leaving us

with 30,909 observations. We trim wages at the top and bottom 1% for each sex and education group.

Moments: For the moments, we exclude all self-employed people (5,932 excluded), and those who are

unmarried after age 23 (7,602 excluded), leaving us with a total sample of 40,818.

C.2 ELSA

We use the ELSA data both for asset data at age 50 which we use in our moment conditions and also
for the gift and inheritance data which we use both in our moment conditions and also to construct the
liquidity share ;. ELSA is a biannual survey of those 50 and older, starting in 2002. We use data up
through 2016.

Although NCDS sample members are asked about assets at age 50, these data are considered to be of
low quality because the data omit housing wealth; thus we use ELSA instead. For our wealth measure, we
use the sum of housing wealth including second homes, savings, investments including stocks and bonds,
trusts, business wealth, and physical wealth such as land, after financial debt and mortgage debt has been
subtracted.

For the asset moment condition at age 50 we begin with 924 respondents who are age 50 at the
time of the survey. We drop members of cohorts not born between 1950-1959 (which excludes 255

observations), unmarried people (which excludes 88 observations), and the self-employed (which excludes
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54 observations). Finally, we have 14 households where both members were exactly age 50. In order to not
double count these households, we exclude one observation from these two person households, resulting
in 513 individuals remaining.

ELSA has high quality data on gifts and inheritances in wave 6 (collected in 2012-2013). In this
wave respondents were asked to recall receipt of inheritances and substantial gifts (defined as those worth
over £1,000 at 2013 prices) over their entire lifetimes. Respondent are asked age of receipt and value
for three largest gifts and three largest inheritances.'! From our original sample of 10,601 in 2012, we
drop members of cohorts not born between 1950-1959 (which excludes 7,223 observations), singles (921
excluded), and self-employed (328 excluded), resulting in 2,129 individuals remaining. Of those 2,129
individuals, 1,884 had at least one parent has died and 1,094 had both parents died by the time of the
survey. Thus 51% of our sample already had both parents die by this point and thus have likely received

all transfers they will ever receive.

Table 19: Sample comparison: NCDS and ELSA

Education shares

Male Female
NCDS ELSA | NCDS ELSA
Low 16% 20% 22% 26%
Medium  49% 38% 49% 40%
High 35% 43% 29% 34%
Median net weekly earnings in £
Male Female
NCDS ELSA | NCDS ELSA
Low 399 315 223 171
Medium 479 383 266 221
High 665 519 399 358

Notes: In NCDS, low education includes no educational qualification or CSE2-5, Medium education includes O-level or A-
level, High education includes higher qualifications or a degree. In ELSA, low education includes no educational qualification
or CSE, Medium education includes O-level or A-level, High education includes higher qualifications below a degree or a
degree. Earnings are median net weekly earnings in £2013.

C.3 UKTUS

Using the NCDS we can construct a latent time investment index, but not investment time itself. For
measuring investment time we use UKTUS data from 2000-2001. Respondents use a time diary to record
activities of their day in 144 x 10-minute time slots for one weekday and one weekend day. In each of

these slots the respondent records their main (“main activity for each ten minute slot”) and secondary

"Only 3.6% of all individuals have three or more large inheritances or bequests (Crawford 2014), so the restriction is
unlikely to signficantly affect our results.
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activities (“most important activity you were doing at the same time”), as well as who it was carried out
with. We have diaries for both parents and the children, but use only the parent diaries.

We construct our measure of time spent with children by summing up across both parents the ten
minute time slots during which an investment activity with a child takes place either as a main or a
secondary activity. Although we know the number of children and the age of each child within the
household, we do not know the precise age of the child that received the investment, we assume this
to be the youngest child. We include all of the following activities as time spent with the child when
constructing the investment measure: unspecified childcare, physical care and supervision, feeding the
child, other specified physical care and supervision, teaching the child, reading/playing/talking with
child, accompanying child, other specified childcare, travel escorting a child (other than education), travel
escorting to/from education.

Our original sample includes 11,053 diary entries. We keep only married individuals with a child < 15
yrs (which excludes 6,694 observations), drop households with more than 2 adults (797 excluded), keep
those for whom we have diary information on both parents for both a weekend day and a weekday (506
excluded), and keep only 2 kid families (1,660 excluded), leaving us with 1,396 remaining observations:

(349 households with 4 entries (weekend, weekday for mum, dad)).

D Appendix Table

Table 20: Proportion of children in each father’s education group

Low (compulsory) 75%
Father’s education Middle (post-compulsory) 20%
High (some college) 5%

E Our Implementation of the Agostinelli-Wiswall Approach

E.1 Production Function

The production function for skills takes a restricted translog specification, equation (6) from the main
text.

In abt’+1 =Y Inaby + v,y Intiy + 75y Intie - Inaby + v, pedm + 75 pedy + Uy
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E.2 Parental Investment Function

We estimate a reduced form parental investment equation to gain intuition about the effect of parental
characteristics on investments. Parental investments depend on a child’s current skills, parents’ education

and parental income.

Inti; = aq¢In ab;/ + agedy + agedy, + agpny, + ugy (15)

E.3 Measurement

We do not observe children’s skills (ab;,), or investments (¢i;) directly. However we observe j = {1, ..., J,+}
error-ridden measurements of each. These measurements have arbitrary scale and location. That is for
each w € {ab,ti} we observe:

Zutj = Huwtj + AwtgInw + e (16)

All other variables are assumed to be measured without error.

E.4 Assumptions on Measurement Errors and Shocks

Measurement errors are assumed to be independent across measures and across time. Measurement errors

are also assumed to be independent of the latent variables, household income and the structural shocks

(uti,t7 Uab,t edfv edma In yt)

E.5 Normalizations

As mentioned above, skills and investments do not have a fixed location or scale which is why we need to
normalize them. In the first period, we normalize the mean of the log-latent factor to be zero which fixes
the location. In all other periods, the mean of the log-latent factor is allowed to be different from zero.
Moreover, for each period, we set the scale A, ;1 = 1 for one normalizing measure Z, ¢ 1.

AW have shown that renormalization of the scale can lead to biases in the estimation of coefficients
in the case of overidentification of the production function coefficients. This is not the case in our
estimation as we do not assume constant returns to scale which means our estimation does not suffer

from overidentification. For more details, see 7.

E.6 Intial Conditions Assumptions

Period 1 for the child and period 6 for the parent is the time of the child’s birth.
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Q = (Inaby, Intig, edy, edp, I y) ~ N(pg, S0) (17)

py = [0,0,0,0,0]. The mean of In abll, Inedy, Ined,, and Intig are 0 by normalization and without loss

of generality.

E.7 Estimation

1. Variance of latent factors (the elements of 3q).

Using equation (16) we can derive the variance of each of the latent factors:

Cov(Zytjs Zuwt,j*) = Mwtjdwtj Var(Inwe) (18)

Note that this is overidentified as there are many different combinations of j and j* that can be
used here (j* # j). Whilst AW select one of the combinations, we use a bootstrap to estimate the
variances of the objects in equation (18), and run a diagonal GMM in order to construct a unique
Var(lnwg). Because y, ed,,,ed; are observable, it is straightforward to estimate the covariance of

these with each other, as well as their covariance with ability and time investments.

2. Scale parameters (As) in measurement equations. Here we estimate the parameters for the
measurement equations for the child skill and investment latent variables. We have normalised
Aabt1 = Mit1 = 1 to set the scale of ab; and of ti;. For each other measure j # 1, and for

w € {ab, ti}, using equation (18) we can show that:

Cov(Zy,t,js Zuwt,j*)
Cov(Zut,1s Zuw,t,5+)

Ao tm = (19)

Note that this is overidentified as there are many different combinations of j and j* that can be

used here.

3. Location parameters (us) in measurement equations At the child’s birth, we normalize the

mean of In 6y and Intig to zero. Therefore:

to,ti = ElZu 5] (20)

4. Calculation for next step For each measure we need to calculate a residualized measure of each

Z for wy € {aby,ti}:
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Z Zuotj = Pwtj (21)

w7t7j -

Awt,
This will be used below in Step 1. Note that:
o = Zugy— 324 (22)
w,t,]
——
ng,t,j

It gives log skills (or time input) plus an error rescaled to match scale of the skills (which is also

the scale of skill measure 1).

. Estimate latent skill production technology

We will only describe the estimation of the production technology, as the estimation of the invest-

ment equation is analogous. Recall the production function:

In ab;,+1 =Yy In ab;/ + Yo Inti, + Y34/ Intiy - Inaby + yasedy + vsedy + u;b Y

)

and using equation (22) note that we can rewrite the above equation as:

Z /0 . — l’L v . — € 4/ .
ab ;t' +1,5 ab ;t' +1,5 ab t 41,5 5 ~
\ = Ny Zwy;— i)t (23)
ab’ t' +1,5
Vo' (Ztit g = Eitj) +
V3.t (Zitj — €titj) - (Zab’,t’,j - Eab',t',j) +
Yy €dm + Vs eds +
uab/,t/
or
Z i . — ,U, i .
ab t'+1,j ab t'+1,5 5
Ao = MNMyela/ vt (24)
ab ;t +1,7
Yot/ Ztigj +

Vo Ltist Loy o j T
T edm + V5.4’ eds +
€ab' #' +1,5 )

(Uab’,t’ — €l 4 T Ctitg T €titj€qy 4 5T N
ab ;t' +1,5
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F

+ . are correlated. We resolve this issue by instrumenting

OLS is inconsistent here, as Z ;s ey and €,/ e

for Zab/ ey using the other measures of ability Zab/, e in that period.

Recall that we only normalized the location of factors in the first period, but have not done so

for the subsequent periods (in this case p; We estimate the location parameter for each

#1)-
measure j by estimating equation (24) using only output measure j on the left hand side. The

intercept then identifies i, X

Once we have estimated all location parameters, we allow for the whole set of relevant input and
output measures, and estimate equation (24) by using a system GMM with diagonal weights. By

using the system GMM we make efficient use of all available measures.

Estimate the variance of the production function shocks

The variance of the structural skills shock can be obtained using residuals from equation (24), where

€ab,t+1,5 ) .

To,t,j = (Uabt = €abt,j = €tityj = €titj " Cabtg + Ny prrs

Toti 5 2
Cov()\ ‘aZQ,t,j*>:O'9,t,j

0.t,]

As again, these covariances are overidentified, we use a bootstrap and diagonal GMM to estimate the

shock variances efficiently. Again, the variance of the time investment shocks is estimated similarly.

Initial Ability

We allow for the fact that high education parents may have high ability children. We assume that child

ability at birth is log-normally distributed conditional on parental education. The mean of this distribution

is estimated by adjusting the means of the gestation and birthweight measure by their respective scaling

parameters (A defined above) and combining them using a minimum distance estimator. The variance

of the distribution is estimated by dividing the covariance of the two measures by the product of the

scaling parameters, as described in step 1 of section E.7. This is done separately for each combination of

maternal and paternal education groups. Table 77 shows the mean and initial variance of ability for each

parental education group.
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Table 21: Means and variances of initial ability conditional on parental education group

Means:

Mother’s education

Low Medium High
Low 0.845 -0.097 0.021
Father’s education Medium -0.341 0.367 -0.916
High -1.345 0.389 0.915
Variances:
Mother’s education
Low Medium High
Low 2.606  3.487 4.878
Father’s education Medium 2.969 1.787 6.526
High 4.319 2.194 0.840

G Signal to Noise Ratios

Signal to noise ratios for all measures are calculated in the following way:

PR (A2, ))Var(inb,.)
wit,j = ()\i’tj)var(]n vat) + VGT(Ew,t,j)

Intuitively, this is the variance of the latent factor (signal) to the variance of the measure (signal4noise)

and thus describes the information content of each measure.

Table 22 presents signal to noise ratios for ability. At birth, birthweight is the most informative

measure. At age 7, reading, maths, coping, and drawing scores are all roughly equally informative. At

ages 11 and 16, maths scores become the most informative.

Table 22: Signal to noise ratios: Ability measures

Age 0 Age 7 Age 11 Age 16
birthweight 0.862 | read 0.385 | read 0.555 | read 0.57
gestation 0.14 | maths 0.335 | maths 0.942 | maths 0.713
copy 0.259 | copy 0.104
draw  0.281

Table 23 presents signal to noise ratios for investment. Here we have many measures of investment.

The most informative measures when young are the freqency of father’s outings with the child, and both

mother’s and father’s frequency of reading to the child. At older ages, the most informative variable is

the teacher’s assessment of each parent’s interest in the child’s education.
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Table 23: Signal to noise ratios: Investment measures

Age 0 Age 7 Age 11

mum: interest 0.164 | mum: interest 0.356 | mum: interest 0.796
mum: outing 0.27 | mum: outings 0.235 | dad: interest 0.765
mum: read 0.456 | dad: outings 0.166 | other index 0.344
dad: outing 0.773 | dad:interest 0.386 | parental ambition 0.221
dad: interest 0.082 | dad:role 0.033
dad:read 0.539 | parents initiative 0.206
dad: large role 0.069 | parents ambition uni 0.093
other index 0.136 | parents ambition school 0.249

library member 0.253

All investment measures are retrospective, so age 0 investments are measured at age 7, age 7 investments

are measured at age 11, age 11 investments are measured at age 16.

H Estimating the Wage Equation, Accounting for Measurement Error

in Ability and Wages

We estimate the wage equation laid out in Section 3. We present the estimation equation in (I.1) for

convenience:

Inw; = Inwy + ug = oo + 01t + 69t? + 05t> + d4lnaby + 05 PT; + vy + vy where (25)
v = pue—1 + 1,
uz is IID measurement error in wages

and PT; relates to part time status, for each gender and education group.

In our procedure we must address three issues. First, wages are measured with error w;. Second,
ability abs is measured with error. Third, we only observe the wage for those who work, which is a
selected sample.

However, we also wish to address issues of selectivity relying on our panel data as much as is possible.
To address the issue of composition bias (the issue of whether lifetime high or low wage individuals drop
out of the labor market first), we use a fixed effects estimator. Assuming that p = 1, which we estimate
to be close to the truth, we can allow vs (the first period of working life, age 23) to be correlated with

other observables, and estimate the model using fixed effects. In particular, the procedure is:
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Step 0:

Step 1:

Step 2:

Step 3:

Step 4:

Note that if p = 1, then: vy = v5 + 22:6 nx. Hence:

t
Inwf = 8o+ 01t + 0at® + 85t + Salnabs + 65 PT, + wy + vs + > _ 1k (26)
k=6
= Oit + 69t® + 03t + 05 PT, + FE + &

where F'F is a person specific fixed effect capturing the time invariant factors d4lnabs + vs and & is

a residual.
Estimate d1, d2, d3, d5 using fixed effects (FE) regression.

Predict the fixed effect:

FE = ln_w: — 317?— 82%2 — 5353 - 35FTt
= g+ d4lnaby + vs

= 00+ 04Zapaj + Vs — Oséapaj (27)

where (naby = Zab,4,j — €ab,a,j is defined in equation (22). Although the estimated fixed effect, FE ,
is affected by variability in the sequence of wage shocks {n;}}24 and measurement errors {u;}:2-,
this merely adds in measurement error on the left hand side variable in equation (27) . However,
measurement error on the right hand side Inab, is more serious: we only have the noisy proxies

Zab,a,; which are correlated with €4, 4 ; by construction. We address this problem in the next step.

Using GMM, project the predicted fixed effect (F/'E) on each measure of ability, Zab,47j, and instru-
ment by using the respective other measures, Zab,4,j’> to get 60 and 4. Since we have two measures
of ability (reading and math), we have two equations and two instruments. When reading is the
ability measure, we instrument for this using math, and vice versa. The GMM efficiently combines

different measures of ability and simultaneously correct for measurement error.

Then use covariances and variances of residuals to calculate shock variances.

Redefining equation (25) using Inaby = Zgp 4 j — €qp.a,j as defined in equation (22).:
In w: =g + 01t + 52t2 + 53t3 + 54Zab,4,j + 05 PTy + vy + up — 64€ab,4,j-
We estimate the parameters of the wage shocks p, Var(n), and Var(vs).

ln~wt =In w;" — (50 + (5175 + (52752 + 53t3 + 54Zab,4,j + (55PTt) =+ up — 54gab,4,j
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Step 5:

I

Note that from the measurement equation 16, V(Zgp4;) = V(Inabs) + V(€apa;), where we have
previously estimated V' (Inaby) using equation 18 and V(Z,p 4 ;) is the variance of the renormalized
measures in the data. We can then back out the variance of the measurement error and plug it into

the following equation to estimate the parameters of the wage shocks:

—~

C(Inwy, Inwgyg) = pFV (vg) + V(Eapay)
V(inw) = V(ve) + V(ue) + V(eapa)

k

V(nwiy) = p"V(we) + 3 0V (nesw) + V(i) + V(Eavag)-
j=1

correct the § parameters for selection. The fixed-effects estimator is identified using wage growth
for workers. If wage growth rates for workers and non-workers are the same, composition bias
problems—the question of whether high wage individuals drop out of the labor market later than
low wage individuals—are not a problem. However, if individuals leave the market because of a
wage drop, such as from job loss, then wage growth rates for workers will be greater than wage

growth for non-workers. This selection problem will bias estimated wage growth upward.

We control for selection bias by finding the wage profile that, when fed into our model, generates
the same fixed effects profile as in the estimates using the NCDS data. Because the simulated fixed
effect profiles are computed using only the wages of those simulated agents that work, the profiles
should be biased upwards for the same reasons they are in the data. We find this bias-adjusted

wage profile using the iterative procedure described in French (2005).

Decomposing the Difference in Lifetime Income by Parental Educa-

tion

In this analysis, we quantify the difference in expected lifetime income (as defined below) across chil-

dren

with fathers of the three different education levels defined and discussed in Section 2: low (which

corresponds to compulsory education in the UK), middle (completion of secondary schooling), and high

(some college). Importantly, we explicitly account for the fact that ability and parental investments are

measured with error and are thus latent variables.
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I.1

Methods

We define lifetime income as the sum of gross earnings during prime working age (between the ages of 23

and 65) which are taken from the NCDS, plus any cash transfers and bequests from parents which are

taken from ELSA.

To calculate differences in prime-age earnings we first predict the evolution of ability from age 0 to

age 16. We then use predicted ability at age 16, and education as observed in the data to predict earnings

using the earnings equation described in section H. We assume that everyone works full time. The steps

are described in more detail below.

Step 1

Step 2

We combine multiple measures of investments measured at ages 7, 11, and 16, as well as multiple
measures of ability at birth to produce latent factor scores using the weighted GLS procedure in
Appendix F.2 of Heckman et al. (2013). Recall that investments measured at age 7 represent
investments for the period from age 0-6, those measured at age 11 represent ages 7-10, and those
measured at 16 represent ages 11-15. We begin with the prediction of age 7 ability, by plugging in
the latent ability score at birth, the age 7 latent investment score, maternal and paternal education
as observed in the data into the production function described in section 4.1. Using this predicted
age 7 ability, the age 11 latent investment score, and parental education, we predict age 11 ability,

again using our estimated production functions. Finally, we repeat this process for age 16 ability.

We then use predicted ability at 16, and education as observed in the data to predict wages for each
age using the earnings equation I.1. We then assume that individuals work for 40 hours per week,
and 52 weeks per year, thus giving us annual earnings. We then sum the earnings between ages 23

to 65, and calculate means for each paternal education group.

We then add mean transfers for each paternal education group as observed in ELSA to the predicted earn-

ings of each group. The differences between paternal education groups serve as a baseline for comparison

with earnings differentials derived from the following counterfactuals.

1.

Equalizing ability at age 7: In Step 1, we set ability at age 7 equal to the mean predicted value of

the latent ability score at age 7 for all individuals, and predict ability at 11, 16, and earnings.

Equalizing ability at age 16: In Step 2 we set ability at age 16 equal to the mean predicted value of

the latent ability score at age 16 for all individuals, and predict earnings.

Equalizing investments at age 7 (11, or 16): In step 1, we set investments at age 7 (11, or 16) for all
individuals equal to the mean of the latent investment score at that age. We then predict ability at

all subsequent ages as well as earnings.
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4. Equalizing investments at all ages: In step 1, we set investments in each period equal to the mean
of the latent investment score for the respective age. We then predict ability at 7, 11, 16, as well as

earnings.

5. Equalizing education: In step 3, we set education equal to the highest level for all individuals, and

predict earnings.

6. Equalizing time investments & college: In step 1, we set investments in each period equal to the
mean of the latent investment score for all individuals. We then predict ability at 7, 11, 16. We

additionally set education in step 3 equal to college for everyone, and predict earnings.
7. Equalizing cash transfers. We set cash transfers equal to zero for everyone.

We then add the respective mean transfers from ELSA to each group, and calculate the percentage change
in earnings across the different groups.

To compare our predicted lifetime income to the data, we calculate a model-free benchmark of lifetime
income using a weighted sum of gross earnings plus transfers in the raw data. Recall that we only have
information on wages at ages 23, 33, 42, 50, 55. Moreover, for some individuals, earnings data are missing
for some periods (we restrict the sample to individuals with least two observations). We first multiply
observed wages in each period by 40 hours and 52 weeks. We then calculate a weighted average of earnings,
allowing for missing earnings observations:

1

J
Average yearly earnings, = —5 . — Z Lops, jearnings; j(#years in period j)
> i=1 Lobs, ; (#years in period j) =

where j = {23, 33,42, 50,55} and the respective years in each period are #years in period j = {10,9,8,5,10}.
We then multiply the average earnings by a total of 42 years, and add mean lifetime transfers for each

paternal education group from ELSA.

1.2 Results

Overall differences in expected lifetime income as defined above are shown in the first row of Table 77.
Males (females) with low education fathers have expected earnings that are £282,000 (£233,000) lower
than those with middle education fathers and have expected earnings that are £539,000 (£439,000) lower
than those with high education fathers. For reference, the lifetime income of males with low-educated
fathers is £1,152,000, whereas for females it is £848,000. We assume for these predictions that everyone
works 40 hours. In reality, many females work part-time rather than full-time; hence for females, these

numbers reflect the difference in earnings potential rather than actual earnings differences.
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Table 24: Lifetime income, by fathers’ education

Males

Females

Education of dad:

Education of dad:

Low  Medium High | Low Medium High
Predicted lifetime income in 1000 pounds 1,208 1,517 1,815 | 873 1,148 1,330
Predicted earnings in 1000 pounds 1,181 1459 1,717 | 842 1,058 1,221
Cash transfers 27 58 99 31 90 109
Change in income gap when...
Ability
.. if all children had same ability at age 7 36% 28% 20% 16%
.. if all children had same ability at age 16 72% 69% 41% 43%
.. no effect of parental education on ability 61% 59% 34% 35%
Time Investments
... Equalizing early investments 2% 2% 1% 1%
... Equalizing middle investments 6% 6% 4% 4%
... Equalizing late investments 5% 4% 3% 3%
.. if all children received the same time investments 12% 12% 8% 8%
Education
.. if all children attained the highest level of education -3% 9% 23% 31%
.. if all children had medium education 23% 32% 45% 52%
.. if all children had low education 62% 65% 57% 63%
.. equalize investments and college 13% 23% 34% 42%
Cash transfers
...if all children received the same cash transfers 10% 12% 21% 17%
Benchmark Earnings in 1000 pounds (data) 1,326 1,708 1,987 | 1,326 1,708 1,987
Fraction explained by model: 91%  89% 91% | 66% 67% 67%

* Average inter-vivos transfers and bequests received over life-cycle
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For both males and females, there is a large effect of equalizing ability at age 7, because ability
differences by parents’ education are already large by age 7. Furthermore, ability is persistent, and thus
ability at age 16 is strongly influenced by age 7. Higher age 16 ability leads to higher lifetime income,
especially for those who select high education (as shown in table ??). As a result, 69% (45%) of the
difference in lifetime income between males (females) born to high versus low education fathers can be
explained by age 16 ability.

These differences in ability arise both because of differences in investments and also the direct effects of
different parental education levels on children’s ability. For example, equalizing parental time investments
leads to a sizable reduction of 12% in the earnings gap for males, but only 9% for females. The direct effect
of parents’ education is also important; for example, equalizing the direct effect of maternal education in
the production function for everyone reduces the earnings gap by XX% and XX%, for males and females
respectively.

Next we test for dynamic complementarity in the production of human capital. Complementarity
implies that increasing investments at one age increases the productivity of investments at other ages.
Thus, increasing investments at all ages should result in larger impacts than the sum of the impacts of
equalizing investments one age at a time. Interestingly, we do not evidence for complementarity using this
approach. For example, whereas equalizing all equalizing parental time investments leads to a reduction
of 12% in the earnings gap for males, equalizing investments at ages 0-6, 7-10, and 11-15 reduce the gap
2%, 6%, and 4%, respectively. Note that these individual contributions sum to 12%, which is the same as
the increase from increasing investments at all ages.[HUB: essentially the sign of the interaction changes
in the different periods, which seems to cancel out some of the dynamic complementarity. I did some
comparisons (seeing whether equalizing 0-6 and 7-10 sums to equalizing at age 11 etc.), but didn’t include
it as table was getting too messy. We should possibly include a new table that only looks at dynamic
complementarity in investments when we get back after summer. |

Children of the highly educated are more likely to continue their studies. Thus education is an
additional force in propagating intergenerational inequality. To assess the importance of education, we
fix age 16 ability at its baseline value, then change education from its baseline value to giving everyone
the highest level of education. This leads to a small reduction in the earnings gap for men (10%), but
leads to a sizable reduction for women (27%). The reduction in income inequality is smaller for men than
women, for two reasons. First, there is more wage dispersion for men, but the return to education at
average ability is slightly larger for women than men. Thus equalizing education at average ability has
a smaller relative reduction in the amount of wage dispersion. Second, for men with high education, the

effect of ability on wages is strong. Thus education amplifies the effect of differences in ability. Giving
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everyone a high level of education does not lead to a strong reduction in the earnings gap for men, unless
ability is also equalized. For high-educated women, however, the amplification effect is smaller, which is
why equalizing ability leads to a larger reduction in income inequality.

Equalizing both time investments and education jointly leads to a reduction of the lifetime income gap
by 25% for men and 39% for women. Interestingly, these impacts are larger than the sum of the two in
isolation. The reason for this is that ability and education are complementary in producing higher wages:
those with high education have the highest returns to investments in ability. Due to this complementarity,
the effects of equalizing ability and the subsequent equalization of education reinforce each other in the
earnings predictions, thus leading to ability playing a key role in lifetime earnings.

Cash transfers are less important than earnings for explaining lifetime differences in income, and also
matter less in the lifetime income differential for males compared to females. Eliminating differences in
cash transfers reduces the lifetime income gap by 9% for men, and by 18% for women. The smaller effects
for men can be explained by higher labour income for men over the life cycle, which reduces the relative
importance of cash transfers. Moreover, the difference in transfers received by children of low versus
medium or high educated parents is larger for women (£56,900) than for men (£34,100).

To summarise, the decomposition analysis suggests that for men (women) 28% (18%) of the difference
in lifetime income across paternal education groups is attributable to differences in ability at age 7, 69%
(45%) by ability at age 16, and 8% (18%) by inter-vivos transfers and bequests received.

Thus, while inter-vivos transfers are important, most of the differences in lifetime income between
children of low versus higher education fathers are realized by the age of 16.

Lastly we should note that all of the earnings amounts were predicted given ability and education
and estimated model coefficients. The bottom row, however, shows that these factors can explain most
of the differences in earnings of earnings between children of high versus low education parents. Whereas
the raw data show that sons (daughters) of high education fathers have lifetime income that is £631,000
(£439,000) greater than that of sons (daughters) of low education fathers, our model predicts a difference
of £539,000 (£451,000). These modest difference between model prediction and data suggest that we

have captured the key drivers of the intergenerational persistence of lifetime income.

J Estimation of the Liquidity Parameter

In the model we assume that all transfers received are at age 23 but in practice many transfers are received

after this age. To account for this, we assume that only a share of period ¢ assets are liquid, which leads
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to the liquidity constraint equation (2), which we repeat here:

(emp+cfe) o < mar + 1y = a1 > (147 (1 — mp)ay. (28)

We use two data sources to estimate m;: asset data from the NCDS at different 23, 33, and 50 which
we refer to as Assetsycpsy. Some of these assets are the result of savings of earned income, whereas
some of these assets come from parental transfers. We use information on size and timing of parental
cash transfers using retrospective data to construct Intervivosgrsa;: and Bequestgrsa,, which is total
inter-vivos and bequest transfers received up to time t using ELSA data.

We wish to create a measure of current assets plus the discounted value of all future transfers received,
which is our concept of assets in the model. To do this we create a measure of all assets that does not
derive in any way from transfers Assetsount, i.e. the assets excluding parental cash transfers, then we

add to this the sum of all lifetime transfers:

Assetsoun,t = Assetsycps, — Intervivosgrsas — Bequestprsay

We then estimate total life time parental transfers in the form of inter-vivos trans Intervivosgrsa,rr and
bequests Bequestgrsa,rr, that is transfers received up until the date of the ELSA survey. We assume
that these are equal to total lifetime transfers received, which appears reasonable since the average age
of ELSA sample members is XX. By this age most of their parents have already died. We then use
this to construct the model analog of total assets from all sources, which is the sum of Assetsoun,t +
Intervivosgrsa, .t + Bequestgrsa Lt

? m as the fraction of liquid assets (as observed in the NCDS) over

ASS@tSNCDS’t

t = -
AssetSoun,t + Intervivosgprsa, ot + Bequestgrsa, ot

As we do not observe the same individuals in the NCDS as in ELSA, we use means of the assets and

transfers for the estimations above.
K Computational Details

This Appendix details how we solve for optimal decision rules as well as our simulation procedure. We

describe solving for optimal decision rules first.
1. To find optimal decision rules, we solve the model backwards using value function iteration. The
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Next

2.

state variables of the model are model period, assets, wage rates, education levels, own ability,
childrens’ gender, childrens’ ability, and childrens’ education. At each model period, we solve the
model for 25 grid points for assets, 15 points for wage rates (for each spouse), 3 education levels for
each spouse, 5 points for own ability for each spouse, childrens’ gender, childrens’ ability (5 points),
and childrens’ education. Because we assume that the two children are identical, receive identical
shocks, and that parent make identical decisions towards the two children, we only need to keep
track of the state variables for one child. Our approach for discretizing wage shocks follows ?. The
bounds for the discretisation of the wage process is &+ 3 standard deviations. For ability we use
Gauss-Hermite procedures to integrate. We use linear interpolation between grid points when on

the grid, and use linear extrapolation outside of the grid.

Parents can each choose between between 3 levels of working hours (non-employed, part-time, full-
time) and in model period ¢ = 6,7 and 8 they can choose between four levels of time spent with
children. In all model periods except t = 10 we solve for the optimal level of next period assets
using golden search. In period ¢ = 10 as parents may also transfer assets to children: we solve this
two-dimensional optimization problem using Nelder-Mead. We back out household consumption
from the budget constraint and then solve for individual level consumption from the intra-temporal
first order condition, which delivers the share of household consumption going to the male in the
household. As this first order condition is a non-linear function we approximate the solution using
the first step of a third order Householder algorithm. This allows us to use the information contained
in the first three derivatives of the first order condition. We found this method to give fast and

accurate solutions to the intra-temporal problem. Details of this are available from the authors.

we describe our simulation procedure.

. Our initial sample of simulated individuals is large, consisting of 50,000 random draws of individuals

in the first wave of our data at age 23. Given that we randomly simulate a sample of individuals
that is larger than the number of individuals observed in the data, most observations will be drawn
multiple times. We take random Monte Carlo draws of education and assets, which are the state
variables that we believe are measured accurately and are observed for everyone in the data. For
the variables with a large amount measurement error, or are not observed for all sample members
(i.e., initial ability of each parent and child, and wages of each parent), we exploit the model implied
joint distribution of these state variables. We assume child’s gender is randomly distributed across

the population.
Given the optimal decision rules, the initial conditions of the state variables, and the histories of
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shocks faced by both parents and children, we calculate life histories for savings, consumption, labor
supply, time and education investments in children, which then implies histories for childrens’ ability,
educational attainment. For discreet choice variables (e.g. participation), we evaluate whether the
choice is the same at all surrounding grid points. If not, we resolve the households problem given
each of the households’ choices (e.g., work and not work), and choose the value that delivers the
highest value. If so, we take the implied discreet variable, and if any of the continuous state variables

(e.g. assets) is between grid-points we interpolate to find the implied decision rule.

3. We aggregate the simulated data in the same way we aggregate the observed data, and construct
moment conditions. We describe these moments in greater detail in Appendix L. Our method
of simulated moments procedure delivers the model parameters that minimize a GMM criterion

function, which we also describe in Appendix L.

4. To search for the parameters that minimize the GMM criterion function, we use the BOBYQUA
algorithm developed by Powel (2009). This is a derivative free algorithm that use a trust region

approach to build quadratic models of the objective function on sub-regions.

L Moment Conditions and Asymptotic Distribution of Parameter Es-

timates

We estimate the parameters of our model in two steps. In the first step, we estimate the vector x, the
set of parameters than can be estimated without explicitly using our model. In the second step, we use
the method of simulated moments (MSM) to estimate the remaining parameters, which are contained in
the M x 1 parameter vector A =( 3, V¢, Vp, 7, A). Our estimate, A, of the “true” parameter vector Ag
is the value of A that minimizes the (weighted) distance between the life-cycle profiles found in the data
and the simulated profiles generated by the model.

We match data from three different sources. For most of our moments we use data from the NCDS.
However, the NCDS currently lacks high quality asset and transfer data after age 23, and does not have
detailed time use information with children. For the asset and transfer data we also match data from
ELSA, and for the information on time with children we also use UKTUS.

From the NCDS we match, for three education groups ed, two genders (male and female) g, T =5
different ages: t € {23, 33,42, 50,55} the following moment conditions: 3 x 2 xT" = 67 moment conditions:
employment rates (forming 6T moment conditions), mean annual work hours of workers (67°), the shares

in each education group, by gender of child and and father’s education level (18 moment conditions), from

o8



the NCDS data. In addition, we also match wealth tertiles at age 33, by education of the husband, using
the NCDS (9 moments).

From ELSA we match mean lifetime inter-vivos transfers received, by education and gender of recipient
(6 moments) and also household wealth tertiles at age 50, by education of the husband (9 moments).

From UKTUS we match mean annual time spent with children, by age of child (ages 0-7, 8-11, 12-16)
and gender and education of parent (18 moments).

To properly match the entire asset distribution, we match asset tertiles. Our procedure for matching
these tertiles is described below. Suppose that individual ¢ is observed at time ¢ and lives in a household
where the husband’s education group is ed,,. Let aﬂjedmt(A,X) denote the model-predicted 7; asset
quantile for individuals in individual i’s group at time ¢, where x includes all parameters estimated in the

first stage. Assuming that observed assets have a continuous conditional density, a;; will satisfy
Pr (ait < rjedy (D0, X0) | €dim, t, individual i observed at t) = 7j.

The preceding equation can be rewritten as a moment condition (??). In particular, applying the indicator

function produces
E(Hait < anjednt(Do, x0)} — 7 | €dm, t, individual i observed at ¢) = 0. (29)
We can convert this conditional moment equation into an unconditional one (e.g., ?):
E([l{ait < rjedt (Do, X0)} — 5] X H{edy, = edp} x 1{individual i observed at t} | t) =0, (30)

for ed,, € {low (compulsory), middle (post-compulsory), high (some college)}. In the end, we have a total
of J = 120 moment conditions.

Our approach accounts explicitly for the fact that the data are unbalanced: some individuals leave
the sample, and we use multiple datasets, so an individual who belongs in one sample (e.g., NCDS) likely
does not belong to another sample (e.g., ELSA or UKTUS). Suppose we have a dataset of I independent
individuals that are each observed at up to T" separate calendar years. Let o(A; xo) denote the J-element
vector of moment conditions described immediately above, and let ¢7(.) denote its sample analog. Letting

\/7\\71 denote a J x J weighting matrix, the MSM estimator A is given by

21(A; x0) Wrgr(A; x0),

argmin
gA 1+7

where 7 is the ratio of the number of observations to the number of simulated observations.
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In practice, we estimate yo as well, using the approach described in the main text. Computational
concerns, however, compel us to treat yg as known in the analysis that follows. Under regularity conditions

stated in ? and ?, the MSM estimator A is both consistent and asymptotically normally distributed:
VI (A - Ao) - N(0,V),
with the variance-covariance matrix V given by
V =(1+7)(D'WD) 'D’'WSWD(D'WD) ™},

where S is the variance-covariance matrix of the data;

~ 0p(A;xo)
D= OA! A=A, (31)

is the J x M gradient matrix of the population moment vector; and W = plim; _)oo{\/ﬂ\’[}. Moreover, ?

shows that if the model is properly specified,

I
147

G1(A; x0) R™G1(As x0) ~ XT- a1
where R™! is the generalized inverse of

— PSP,

P = I-D(D'WD) 'D'W.

The asymptotically efficient weighting matrix arises when \/7\\/'1 converges to S™1, the inverse of the
variance-covariance matrix of the data. When W = S~1 V simplifies to (1 + 7)(D’S™!D)~!, and R is
replaced with S.

But even though the optimal weighting matrix is asymptotically efficient, it can be biased in small
samples. (See, for example, 7.) We thus use a “diagonal” weighting matrix, as suggested by ?. This
diagonal weighting scheme uses the inverse of the matrix that is the same as S along the diagonal and
has zeros off the diagonal of the matrix.

We estimate D, S, and W with their sample analogs. For example, our estimate of S is the J x J
estimated variance-covariance matrix of the sample data. When estimating this matrix, we use sample
statistics, so that, for example, amedmt(A, X) is replaced with the sample quantile for group ed,t.

One complication in estimating the gradient matrix D is that the functions inside the moment condi-
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tion p(A;x) are non-differentiable at certain data points; see equation (30). This means that we cannot
consistently estimate D as the numerical derivative of ¢r(.). Our asymptotic results therefore do not
follow from the standard GMM approach, but rather the approach for non-smooth functions described in
?, 7 (section 7), and ?.

To find D, it is helpful to rewrite equation (30) as

Pr (edmi = ed,, & individual 7 observed at t) X

G - edpmt (D0,X0)
[/ etmi? * f(a,-t ‘ edm,t> dait — ﬂ'j] =0. (32)
a )

Ti—1 edmt (AO »X0

It follows that the rows of D are given by

Pr (edmi = ed,, & individual 7 observed at t) X

8CL7rj edmt (A07 XO)
0A'

f(aﬂjedmt ’ edm,t> X : (33)

In practice, we find f (aﬂjedmt | edm, t), the conditional p.d.f. of assets evaluated at the quantile ar;ed,,t,
with a kernel density estimator written by ?. The gradients for equations (??) and (??) are found in a

similar fashion.
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